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1 Antiferromagnetic Dirac band crossings

Spin-orbitronics and Dirac quasiparticles are two fields of condensed matter physics initiated inde-
pendently about a decade ago. Here we demonstrate that Dirac quasiparticles can be controlled
by the spin-orbit torque reorientation of the Néel vector in an antiferromagnet, using CuMnAs and
Mn2Au as examples [1, 2]. We identify the non-symmorphic crystal symmetry protection of Dirac
band crossings whose on and off switching is mediated by the Néel vector reorientation. We predict
that this concept, verified by density functional calculations in the CuMnAs and Mn2Au, can lead to
a topological metal-insulator transition driven by the Néel vector and to the topological anisotropic
magnetoresistance.

1.1 Topological metal-insulator transition and anisotropic magnetoresistance in
CuMnAs

We performed full-potential relativistic ab initio calculations of the electronic structure of CuMnAs,
as implemented in FLEUR and ELK packages. The exchange correlation potential is parametrized
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Figure 1: (a) Crystallographic and magnetic structure of the tetragonal CuMnAs. Atom-resolved (b)
density of states with semi-metallic pseudogap, and (c) band structure without SOC within GGA.
GGA+U shows DPs position shifts. Colors correspond to the atomic colors in (a). Electric control
by the Néel SOT of the 3D band dispersion around nodal line along the kx = π BZ sub-manifold
calculated by GGA+SOC, which is (d) protected for n|[100] by glide mirror plane, (e) gapped for
n|[110]. a = b 6= c are the lattice constants. (f) Cut along the XMY line through the nodal lines at
different energies.

by the Perdew-Burke-Ernzerhof generalized gradient approximation (GGA) [3]. The full crystal of
tetragonal CuMnAs, including also the Cu and As atoms, is shown in Fig. 1(a) [4, 5]. Results without
spin-orbit coupliong (SOC) are summarized in Figs. 1(b),(c). They show the semimetallic character
with the dip in the density of states near the Fermi level and numerous band crossings. Note that
their position is sensitive to the computational details; as an illustration we plot in Fig. 1(c) shifted
bands obtained in the GGA+U approximation with the correlation potential U = 3 eV. When SOC is
included in the ab initio calculations and the Néel vector n‖[100], protected nodal lines are obtained
in the kx = ±π planes, as illustrated in Figs. 1(d). The nodal lines have the open geometry. The
protection is due to the non-symmorphic glide mirror plane Gx symmetry. Instead of assigning the
Gx eigenvalues in the complex ab initio band structure, we verify this by excluding all other relevant
symmetries as the origin of the protection. For n ‖[100], the space group P4/nmm of the tetragonal
CuMnAs lattice reduces to eight symmetry elements: Identity, non-symmorphic glide planes Gx, and
Gz =

{
Mz|12 1

20
}

, screw-axis Sy=
{
C2y|01

20
}

, and four PT conjugated symmetries. By rotating the Néel
vector to n‖[110] and n‖[101], Gz and Sy remain symmetries of the AF crystal, respectively. In both
cases, however, the nodal lines become gapped, as illustrated in Fig. 1(e), excluding the protection by
these symmetries. Note that the Gx protection makes our tetragonal CuMnAs AF distinct from the
earlier identified non-symmorphic protection in paramagnetic ZrSiS [6].

The field-like Néel SOT in the full tetragonal crystal of CuMnAs allows for the current-induced
rotation of the Néel vector [7]. This opens the prospect of electric control of Dirac crossings in an
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Figure 2: (a) Crystallographic and magnetic structure of the orthorhombic CuMnAs with Néel SOT
spin-polarization δs for the current J‖[100]. Atom-resolved (b) point-semimetal density of states, and
(c) band structure without SOC within GGA. GGA+U shows DPs position shifts. (d-e) Topological
MIT. Manipulation of the Dirac fermions along the (f) ΓX, (g) XU, and (h) ZX axis (units d =

√
a2 + c2

with a 6= c being the lattice constants) by the Néel SOT from GGA+SOC calculations reveals:
topological (n‖[001]), and ”trivial” Dirac semimetal (n‖[100]), and semiconductor (n‖[101]).

experimentally relevant AF material. However, the tetragonal CuMnAs is not optimal for observing
the corresponding topological metal-insulator transition (MIT) due to other non-Dirac bands present
around the Fermi level (see Fig. 1(c)). These can be removed, e.g., by lowering the lattice symmetry
from tetragonal to orthorhombic, as we discuss below.

The non-symmorphic Pnma primitive cell of the orthorhombic CuMnAs is shown in Fig. 2(a). It
has four Mn sites consisting of the two inversion-partner pairs A-B and A′-B′. From the symmetry
analysis of the current-induced spin-polarizations generated locally at these four sites we obtain that
they contain components which are commensurate with the AF order: A and A′ sites with one sign
of the current-induced spin-polarizations belong to one AF spin-sublattice and B and B′ sites with
the opposite sign of the current-induced spin-polarizations belong to the opposite AF spin-sublattice.
This makes the Néel SOT efficient for reorienting AF moments in orthorhombic CuMnAs.

GGA electronic structure calculations without SOC are shown in Fig. 2(b),(c). The density of
states vanishes at the Fermi level and we now discuss the properties of the three Fermi level Dirac
points (DPs) seen in Fig 2(b),(c). Without SOC they are part of an ungapped nodal line in the
ky = 0 plane [8]. In the presence of SOC and for n‖ [001], the DPs along the ΓX and ZX axes become
gapped. The gap opening applies to the entire nodal line, except for the DP along the XU axis (and
also X′U), as shown in Figs. 2(d),(f)-(h). Using the same method as in the ab initio calculations for
the tetragonal CuMnAs, we identified that the XU DP protection is due to the screw-axis symmetry
Sz =

{
C2z|1201

2

}
[8]. The corresponding state at n‖[001] is then a topological AF Dirac semimetal
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with the positive topological charge of the XU DP. For n‖[101], all DPs (the entire nodal line) are
gapped and the system becomes an AF semiconductor, as seen in Figs. 4(e)-(h). Finally, for n‖[100],
the spin-orbit gap is nearly but not fully closed at the ΓX DP, as shown in Fig. 2(f). This ”trivial”
AF Dirac semimetal phase is reminiscent of graphene. Our calculations predict a relatively weak
magnetic anisotropy with the equilibrium easy axis along the [100]-direction. Note that the easy-axis
determination with E[001]−E[100] ∼ 0.3 meV per unit cell is at the resolution limit of our computational
method. Since the DPs can appear at the Fermi level (see also the comparison of GGA and GGA+U
calculations in Fig. 2(b)), orthorhombic CuMnAs represents a realistic material candidate for observing
the topological MIT and AMR driven by the Néel vector reorientation.

1.2 Spectral function and resistivity anisotropy in Mn2Au

In this work [2] we have elucidated the origin of the large anisotropic magnetoresostance observed in
antiferromagnetic Mn2Au by performing ab initio transport calculations and by inspecting anisotropies
in the spectral function (see Fig. 3). A large contribution to the anisotropic magnetoresostance
originates form opening and closing of a Dirac point near the Fermi level, as predicted in our above
earlier theory work [1].

qualitatively unchanged also for higher degrees of disorder, which
we explicitly verified for 5% Au excess. This together with the k-
space anisotropy of the MΓ band around the Fermi level can
explain the high value of AMR100 experimentally observed for
Au-rich Mn2Au.

Discussion
In-plane switching of the Néel vector in the antiferromagnetic
metal Mn2Au by current pulses was realized using intrinsic spin-
orbit torques. Consistent measurements of the AMR and PHE
showed pulse current direction dependent reversible changes,
providing direct evidence for Néel vector switching. Easy read-out
of the switching is provided by a large amplitude of the AMR of
more than 6%, which is more than an order of magnitude higher
than previously observed for other antiferromagnetic systems and
one of the highest AMR amplitudes found for metallic magnetic
thin films. We can reproduce the magnitude of the effect theo-
retically by including realistic disorder and, in particular, find the
same dependence of the amplitude on the crystallographic
directions in the experiment as in the calculation. With the basic
principles of writing and read-out demonstrated, combined with
a theoretical understanding of the underlying spin-orbit torques,
and the large magnetoresistive effects, the metallic compound
Mn2Au is a prime candidate to enable future AFM spintronics.

Methods
MAE calculation. The MAE of chemically ordered Mn2Au was calculated using
the FLAPW (full potential linearized augmented plane wave)+GGA (Generalized
Gradiend Approximation) method in combination with the magnetic force theo-
rem28. We found the in-plane MAE: E½100" # E½110" ≲ ± 10j j μeV per formula unit.
However, this method is suitable only for fully ordered crystal structures. Thus to
realistically describe our experiments we calculated the MAE within the TB-LMTO
+CPA also for disordered Mn2Au. For all concentrations of the simulated types of
disorder we obtained the out-of-plane MAE E½001" # E½100" ≃ 2.9 meV. The in-plane
MAE calculation gives E[100] − E[110] from −1 to −3 μeV per formula unit at the
resolution limit of our methods. While the out-of-plane MAE is similar to the
reported value for chemically ordered Mn2Au29, the in-plane MAE of the dis-
ordered material has opposite sign. Independent from the sign the tiny value of the
in-plane MAE at the resolution limit of the calculations is consistent with the

experimental observation that by current switching the [100] as well as the [110]
Néel vector orientation could be stabilized in disordered Mn2Au.

AMR calculation. To calculate the AMR of Mn2Au ab initio we employed the
FRD-TB-LMTO+CPA method in combination with the Kubo formula24–26. s-type,
p-type, and d-type orbitals were included in the basis and the LSDA (local spin
density approximation) and the Vosko-Wilk-Nusair exchange-correlation potential
parametrization30 were used. The ground-state magnetization and density of states
was reproduced consistently with a previous report31. In the transport calculations
we used up to 1010 k points in the Brillouin zone and for the CPA residual
resistivity calculations we set the imaginary part of the complex energy to 0.13
meV. In the RTA, the imaginary part of the complex energy Imz in the Bloch
spectral function An,k(z) was approximated by a finite isotropic k-independent
relaxation time. In the CPA, the effective medium was constructed corresponding
to a random averaging of the occupancies of the disordered sites. The CPA Bloch
spectral function is anisotropic and k-dependent and determined by the effective
medium potential.

We compared the RTA and the CPA derived calculated resistivities with the
corresponding experimental values, from which we concluded that the level of
disorder in our samples is at least 0.5%. Resistivity calculations for lower disorder
values around, e.g., 0.1% correspond to 10–20 times smaller residual resistivities
than observed in experiment and are thus not relevant in the framework of our
manuscript. Nevertheless, we also calculated AMR100 for 0.1% of Au excess
resulting in a value of (3.7 ± 1.5)%. The large error of this calculation is due to the
increased number of iterations and k points needed for calculations with such a
tiny degree of disorder.

Data availability. The relevant data are available within the article or from the
authors on reasonable request.
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Fig. 7 Bloch spectral function calculated within the CPA for 0.5%-Au-rich
Mn2Au for two orientations of the Néel vector: a || [100] and b || [010]. The
white arrows mark the major changes of the spectral function induced by
the Néel vector rotation

ARTICLE NATURE COMMUNICATIONS | DOI: 10.1038/s41467-017-02780-x

6 NATURE COMMUNICATIONS | �(2018)�9:348� |DOI: 10.1038/s41467-017-02780-x |www.nature.com/naturecommunications

Figure 3: Bloch spectral function calculated in Mn2Au for two orthogonal orientations of the Néel
vector; changes near the Dirac crossing are highlighted by arrows [2].
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2 Magnetic Weyl semimetal without spin-orbit coupling and strong
anomalous Hall effect in Ti2MnAl

In this work [9] we predict a magnetic Weyl semimetal in the inverse Heusler Ti2MnAl (see Fig. 4),
a compensated ferrimagnet with a vanishing net magnetic moment and a Curie temperature of over
650 K. Despite the vanishing net magnetic moment, we calculate a large intrinsic anomalous Hall
effect (AHE) of about 300 S/cm. It derives from the Berry curvature distribution of the Weyl points,
which are only 14 meV away from the Fermi level and isolated from trivial bands. Different from
antiferromagnets Mn3X (X = Ge, Sn, Ga, Ir, Rh, and Pt), where the AHE originates from the
non-collinear magnetic structure, the AHE in Ti2MnAl stems directly from the Weyl points and is
topologically protected. The large anomalous Hall conductivity (AHC) together with a low charge
carrier concentration should give rise to a large anomalous Hall angle. In contrast to the Co-based
ferromagnetic Heusler compounds, the Weyl nodes in Ti2MnAl do not derive from nodal lines due to
the lack of mirror symmetries in the inverse Heusler structure. Since the magnetic structure breaks
spin-rotation symmetry, the Weyl nodes are stable without spin-orbit coupling. Moreover, because of
the large separation between Weyl points of opposite topological charge, the Fermi arcs extent up to
75% of the reciprocal lattice vectors in length. This makes Ti2MnAl an excellent candidate for the
comprehensive study of magnetic Weyl semimetals. It is the first example of a material with Weyl
points and large anomalous Hall effect despite a vanishing net magnetic moment.

PREDICTION OF A MAGNETIC WEYL SEMIMETAL … PHYSICAL REVIEW B 97, 060406(R) (2018)

FIG. 2. (a)–(d) Energy dispersion of one pair of Weyl points for
(a),(b) without and (c),(d) with inclusion of SOC. The red dashed lines
in (a),(c) are the reference lines indicating the breaking of the mirror
symmetries if SOC is considered. (e),(f) Berry curvature distribution
around the Weyl points with positive and negative chirality.

energy dispersions of one pair of Weyl points before and after
the inclusion of SOC is shown in Figs. 2(a)–2(d). Without the
inclusion of SOC, the energy dispersion is mirror symmetric,
as shown by the red dashed line in Fig. 2(a). As long as SOC is
taken into consideration, the mirror symmetry is not preserved.
The bands corresponding to WA cross the reference line (the
red dashed line) two times, while the bands associated with
WB cross it four times. Because of the perturbation from SOC,
the Weyl points are not at the charge neutrality point any more,
which shifts them above the Fermi level by around 14 meV, see
Fig. 2(d). Though the SOC slightly shifts the Weyl points in
both momentum and energy, the chirality remains unchanged,
as shown in Figs. 2(e) and 2(f). We found that the existence of
Weyl points is robust after inclusion of on site U for Ti-3dand
Mn-3dorbitals from 1 to 5 eV.

A typical feature of WSMs is the topological surface Fermi
arc state. To calculate the (001) surface state, we considered an
open boundary condition with the half-infinite surface by using
iterative Green’s function method [51,52]. From the energy
dispersion along the high-symmetry line X-!-M , surface
bands connecting the bulk conduction and valence states can
be seen, which should be related to the Fermi arcs. Actually,
the two projected Weyl points on the (001) surface are very

FIG. 3. Surface states of Ti2MnAl terminated along the (001)
direction. (a) Surface energy dispersion along high symmetry lines
of X-!-M . (b) Surface energy dispersion crossing one pair of Weyl
points. The k path is given in (c). (c),(d) Fermi surface with energy
lying at Weyl points and charge neutral point, respectively.

close to the !-M line [see Figs. 3(c) and 3(d)], and therefore
nearly linear bulk band crossings can be observed along !-M .
Since Fermi arcs begin and end at the Weyl points with opposite
chiralities, we have chosen a special direction along the two
projected Weyl points [see Fig. 3(c)]. For the (001) surface, two
Weyl points of the same chirality project onto each other. The
corresponding energy dispersion, given in Fig. 3(b), clearly
shows see the linear dispersion of the bulk Weyl points (labeled
by the green and blue circles) with the Fermi arc related surface
bands terminating at the two Weyl points. Because of the
dispersion of the Fermi arcs below the Fermi level, they could
be detected by ARPES and STM measurements.

By fixing the energy at the Weyl points, perfect Fermi arcs
with tiny bulk states can clearly be seen in Fig. 3(c). Dependent
on the number of surface projected Weyl points, the number of
Fermi arcs terminated at each Weyl points differs. Moreover,
two long Fermi arcs extend around 75% of the reciprocal lattice
vector, which is amongst the longest Fermi arc to be observed
so far. On shifting the energy down by 14 meV to the charge
neutral point, there is slightly change in the surface state, and
most of the Fermi arcs remain clearly detectable. Therefore,
the Weyl semimetal states in Ti2MnAl lead to the existence
of isolated surface Fermi arcs, and the long Fermi arc around
the charge neutral point should be easy to detect by surface
techniques. Further, owing to the long Fermi arcs and small
bulk charge carrier density, it is also easy to observe the Fermi
arc induced quantum oscillation.

Owing to the large Berry curvature around the Weyl points,
a strong AHE is expected in magnetic Weyl semimetals. To
investigate the AHE we have computed the intrinsic AHC
by the linear-response Kubo formula approach in the clean

060406-3

Figure 4: Surface energy dispersion of Ti2MnAl along high symmetry lines and crossing one pair of
Weyl points [9].

3 Crystal time-reversal symmetry breaking and spontaneous Hall
effect in collinear antiferromagnets

3.1 Overview

Previously, the spontaneous Hall effect has been understood in terms of the time-reversal symme-
try breaking by the internal spin-structure of a ferromagnetic, non-colinear antiferromagnetic or
skyrmionic form. In this work [10] we identify an overlooked robust Hall effect mechanism arising
from collinear antiferromagnetism combined with non-magnetic atoms at non-centrosymmetric posi-
tions. We predict [10] and experimentally verify [11] a large magnitude of this crystal Hall effect in a
room-temperature collinear antiferromagnet RuO2 and catalogue, based on symmetry rules, extensive
families of material candidates. We show that the crystal Hall effect is accompanied by the possibility
to control its sign by the crystal chirality. We illustrate that accounting for the full magnetization
density distribution instead of the simplified spin-structure sheds new light on symmetry breaking phe-
nomena in complex magnets and opens an alternative avenue towards quantum materials engineering
for low-dissipation nanoelectronics.
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The spontaneous Hall voltage arises when the electrons gain transverse velocity due to certain
internal magnetic structures. The associated Hall conductivity is the antisymmetric dissipationless
part of the conductivity tensor, which corresponds to the Hall pseudovector σ that determines the
Hall current [12, 13]:

jH = σ ×E. (1)

Here E is the applied electric field, σ = (σzy, σxz, σyx), σij are the antisymmetric Hall conductivity
components, and jH is the Hall current transverse to E and σ. Apart from being odd under time-
reversal (T ), Eq. (1) explicitly highlights that the Hall effect transforms like a pseudovector under
spatial symmetry operations, i.e., it transforms like a magnetic dipole moment. This implies that the
spontaneous Hall effect (in the absence of an external field) can occur only in materials with a magnetic
space group (MSG) in which a net magnetic moment is allowed by symmetry [14, 12, 15, 16, 17]. In
fact, since the linear-response σ is invariant under the spatial inversion (P), its components allowed
by symmetry can be determined from the magnetic Laue group (MLG) [14, 12, 15]. In this work [10],
we go beyond the mere MLG symmetry requirements on the spontaneous Hall effect by focusing on its
microscopic physical mechanisms and chemistry of favourable material candidates, on the magnitude
and means to control and detect the effect, and on links to the electronic structure topology.

E
jH

E
jH

DA Crystal Hall e↵ect
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Anomalous Hall e↵ect<latexit sha1_base64="LNDtL5cQ5dm+pKHMx0F7bjvzyxs=">AAACB3icbVDLSgMxFM34rPVVdSlIsAiuyowIuqzoossK9gFtKZn0Tg1mkiG5I5ahOzf+ihsXirj1F9z5N6aPhbYeCBzOuZebc8JECou+/+0tLC4tr6zm1vLrG5tb24Wd3brVqeFQ41pq0wyZBSkU1FCghGZigMWhhEZ4dznyG/dgrNDqBgcJdGLWVyISnKGTuoWDNsIDhlF2oXTMpE4trTApKUQRcBx2C0W/5I9B50kwJUUyRbVb+Gr3NE9jUMgls7YV+Al2MmZQcAnDfDu1kDB+x/rQclSxGGwnG+cY0iOn9GikjXsK6Vj9vZGx2NpBHLrJmOGtnfVG4n9eK8XovJMJlaQIik8ORamkqOmoFNoTxqWVA0cYN8L9lfJbZhhHV13elRDMRp4n9ZNS4JeC69Ni+WpaR47sk0NyTAJyRsqkQqqkRjh5JM/klbx5T96L9+59TEYXvOnOHvkD7/MHVYuZlw==</latexit><latexit sha1_base64="LNDtL5cQ5dm+pKHMx0F7bjvzyxs=">AAACB3icbVDLSgMxFM34rPVVdSlIsAiuyowIuqzoossK9gFtKZn0Tg1mkiG5I5ahOzf+ihsXirj1F9z5N6aPhbYeCBzOuZebc8JECou+/+0tLC4tr6zm1vLrG5tb24Wd3brVqeFQ41pq0wyZBSkU1FCghGZigMWhhEZ4dznyG/dgrNDqBgcJdGLWVyISnKGTuoWDNsIDhlF2oXTMpE4trTApKUQRcBx2C0W/5I9B50kwJUUyRbVb+Gr3NE9jUMgls7YV+Al2MmZQcAnDfDu1kDB+x/rQclSxGGwnG+cY0iOn9GikjXsK6Vj9vZGx2NpBHLrJmOGtnfVG4n9eK8XovJMJlaQIik8ORamkqOmoFNoTxqWVA0cYN8L9lfJbZhhHV13elRDMRp4n9ZNS4JeC69Ni+WpaR47sk0NyTAJyRsqkQqqkRjh5JM/klbx5T96L9+59TEYXvOnOHvkD7/MHVYuZlw==</latexit><latexit sha1_base64="LNDtL5cQ5dm+pKHMx0F7bjvzyxs=">AAACB3icbVDLSgMxFM34rPVVdSlIsAiuyowIuqzoossK9gFtKZn0Tg1mkiG5I5ahOzf+ihsXirj1F9z5N6aPhbYeCBzOuZebc8JECou+/+0tLC4tr6zm1vLrG5tb24Wd3brVqeFQ41pq0wyZBSkU1FCghGZigMWhhEZ4dznyG/dgrNDqBgcJdGLWVyISnKGTuoWDNsIDhlF2oXTMpE4trTApKUQRcBx2C0W/5I9B50kwJUUyRbVb+Gr3NE9jUMgls7YV+Al2MmZQcAnDfDu1kDB+x/rQclSxGGwnG+cY0iOn9GikjXsK6Vj9vZGx2NpBHLrJmOGtnfVG4n9eK8XovJMJlaQIik8ORamkqOmoFNoTxqWVA0cYN8L9lfJbZhhHV13elRDMRp4n9ZNS4JeC69Ni+WpaR47sk0NyTAJyRsqkQqqkRjh5JM/klbx5T96L9+59TEYXvOnOHvkD7/MHVYuZlw==</latexit><latexit sha1_base64="LNDtL5cQ5dm+pKHMx0F7bjvzyxs=">AAACB3icbVDLSgMxFM34rPVVdSlIsAiuyowIuqzoossK9gFtKZn0Tg1mkiG5I5ahOzf+ihsXirj1F9z5N6aPhbYeCBzOuZebc8JECou+/+0tLC4tr6zm1vLrG5tb24Wd3brVqeFQ41pq0wyZBSkU1FCghGZigMWhhEZ4dznyG/dgrNDqBgcJdGLWVyISnKGTuoWDNsIDhlF2oXTMpE4trTApKUQRcBx2C0W/5I9B50kwJUUyRbVb+Gr3NE9jUMgls7YV+Al2MmZQcAnDfDu1kDB+x/rQclSxGGwnG+cY0iOn9GikjXsK6Vj9vZGx2NpBHLrJmOGtnfVG4n9eK8XovJMJlaQIik8ORamkqOmoFNoTxqWVA0cYN8L9lfJbZhhHV13elRDMRp4n9ZNS4JeC69Ni+WpaR47sk0NyTAJyRsqkQqqkRjh5JM/klbx5T96L9+59TEYXvOnOHvkD7/MHVYuZlw==</latexit>

P
<latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit> P

<latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit>

Mn<latexit sha1_base64="JmfE6iL4hszEsOnreVQfaGyU+P4=">AAAB8nicbVBNS8NAEN3Ur1q/qh69BIvgqSQi6LGgBy9CBVsLaSib7aRdutkNuxOxhP4MLx4U8eqv8ea/cdvmoK0PBh7vzTAzL0oFN+h5305pZXVtfaO8Wdna3tndq+4ftI3KNIMWU0LpTkQNCC6hhRwFdFINNIkEPESjq6n/8AjacCXvcZxCmNCB5DFnFK0UdBGeMIrzWznpVWte3ZvBXSZ+QWqkQLNX/er2FcsSkMgENSbwvRTDnGrkTMCk0s0MpJSN6AACSyVNwIT57OSJe2KVvhsrbUuiO1N/T+Q0MWacRLYzoTg0i95U/M8LMowvw5zLNEOQbL4ozoSLyp3+7/a5BoZibAllmttbXTakmjK0KVVsCP7iy8ukfVb3vbp/d15rXBdxlMkROSanxCcXpEFuSJO0CCOKPJNX8uag8+K8Ox/z1pJTzBySP3A+fwC17JGG</latexit><latexit sha1_base64="JmfE6iL4hszEsOnreVQfaGyU+P4=">AAAB8nicbVBNS8NAEN3Ur1q/qh69BIvgqSQi6LGgBy9CBVsLaSib7aRdutkNuxOxhP4MLx4U8eqv8ea/cdvmoK0PBh7vzTAzL0oFN+h5305pZXVtfaO8Wdna3tndq+4ftI3KNIMWU0LpTkQNCC6hhRwFdFINNIkEPESjq6n/8AjacCXvcZxCmNCB5DFnFK0UdBGeMIrzWznpVWte3ZvBXSZ+QWqkQLNX/er2FcsSkMgENSbwvRTDnGrkTMCk0s0MpJSN6AACSyVNwIT57OSJe2KVvhsrbUuiO1N/T+Q0MWacRLYzoTg0i95U/M8LMowvw5zLNEOQbL4ozoSLyp3+7/a5BoZibAllmttbXTakmjK0KVVsCP7iy8ukfVb3vbp/d15rXBdxlMkROSanxCcXpEFuSJO0CCOKPJNX8uag8+K8Ox/z1pJTzBySP3A+fwC17JGG</latexit><latexit sha1_base64="JmfE6iL4hszEsOnreVQfaGyU+P4=">AAAB8nicbVBNS8NAEN3Ur1q/qh69BIvgqSQi6LGgBy9CBVsLaSib7aRdutkNuxOxhP4MLx4U8eqv8ea/cdvmoK0PBh7vzTAzL0oFN+h5305pZXVtfaO8Wdna3tndq+4ftI3KNIMWU0LpTkQNCC6hhRwFdFINNIkEPESjq6n/8AjacCXvcZxCmNCB5DFnFK0UdBGeMIrzWznpVWte3ZvBXSZ+QWqkQLNX/er2FcsSkMgENSbwvRTDnGrkTMCk0s0MpJSN6AACSyVNwIT57OSJe2KVvhsrbUuiO1N/T+Q0MWacRLYzoTg0i95U/M8LMowvw5zLNEOQbL4ozoSLyp3+7/a5BoZibAllmttbXTakmjK0KVVsCP7iy8ukfVb3vbp/d15rXBdxlMkROSanxCcXpEFuSJO0CCOKPJNX8uag8+K8Ox/z1pJTzBySP3A+fwC17JGG</latexit><latexit sha1_base64="JmfE6iL4hszEsOnreVQfaGyU+P4=">AAAB8nicbVBNS8NAEN3Ur1q/qh69BIvgqSQi6LGgBy9CBVsLaSib7aRdutkNuxOxhP4MLx4U8eqv8ea/cdvmoK0PBh7vzTAzL0oFN+h5305pZXVtfaO8Wdna3tndq+4ftI3KNIMWU0LpTkQNCC6hhRwFdFINNIkEPESjq6n/8AjacCXvcZxCmNCB5DFnFK0UdBGeMIrzWznpVWte3ZvBXSZ+QWqkQLNX/er2FcsSkMgENSbwvRTDnGrkTMCk0s0MpJSN6AACSyVNwIT57OSJe2KVvhsrbUuiO1N/T+Q0MWacRLYzoTg0i95U/M8LMowvw5zLNEOQbL4ozoSLyp3+7/a5BoZibAllmttbXTakmjK0KVVsCP7iy8ukfVb3vbp/d15rXBdxlMkROSanxCcXpEFuSJO0CCOKPJNX8uag8+K8Ox/z1pJTzBySP3A+fwC17JGG</latexit> Ir<latexit sha1_base64="h5dTyHx5rNcGomCDzOIPW6a0gRo=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB71VsLWQhrLZbtqlm92wOxFL6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzolRwg5737ZRWVtfWN8qbla3tnd296v5B26hMU9aiSijdiYhhgkvWQo6CdVLNSBIJ9hCNrqb+wyPThit5j+OUhQkZSB5zStBKQRfZE0ZxfqsnvWrNq3szuMvEL0gNCjR71a9uX9EsYRKpIMYEvpdimBONnAo2qXQzw1JCR2TAAkslSZgJ89nJE/fEKn03VtqWRHem/p7ISWLMOIlsZ0JwaBa9qfifF2QYX4Y5l2mGTNL5ojgTLip3+r/b55pRFGNLCNXc3urSIdGEok2pYkPwF19eJu2zuu/V/bvzWuO6iKMMR3AMp+DDBTTgBprQAgoKnuEV3hx0Xpx352PeWnKKmUP4A+fzB7XokYY=</latexit><latexit sha1_base64="h5dTyHx5rNcGomCDzOIPW6a0gRo=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB71VsLWQhrLZbtqlm92wOxFL6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzolRwg5737ZRWVtfWN8qbla3tnd296v5B26hMU9aiSijdiYhhgkvWQo6CdVLNSBIJ9hCNrqb+wyPThit5j+OUhQkZSB5zStBKQRfZE0ZxfqsnvWrNq3szuMvEL0gNCjR71a9uX9EsYRKpIMYEvpdimBONnAo2qXQzw1JCR2TAAkslSZgJ89nJE/fEKn03VtqWRHem/p7ISWLMOIlsZ0JwaBa9qfifF2QYX4Y5l2mGTNL5ojgTLip3+r/b55pRFGNLCNXc3urSIdGEok2pYkPwF19eJu2zuu/V/bvzWuO6iKMMR3AMp+DDBTTgBprQAgoKnuEV3hx0Xpx352PeWnKKmUP4A+fzB7XokYY=</latexit><latexit sha1_base64="h5dTyHx5rNcGomCDzOIPW6a0gRo=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB71VsLWQhrLZbtqlm92wOxFL6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzolRwg5737ZRWVtfWN8qbla3tnd296v5B26hMU9aiSijdiYhhgkvWQo6CdVLNSBIJ9hCNrqb+wyPThit5j+OUhQkZSB5zStBKQRfZE0ZxfqsnvWrNq3szuMvEL0gNCjR71a9uX9EsYRKpIMYEvpdimBONnAo2qXQzw1JCR2TAAkslSZgJ89nJE/fEKn03VtqWRHem/p7ISWLMOIlsZ0JwaBa9qfifF2QYX4Y5l2mGTNL5ojgTLip3+r/b55pRFGNLCNXc3urSIdGEok2pYkPwF19eJu2zuu/V/bvzWuO6iKMMR3AMp+DDBTTgBprQAgoKnuEV3hx0Xpx352PeWnKKmUP4A+fzB7XokYY=</latexit><latexit sha1_base64="h5dTyHx5rNcGomCDzOIPW6a0gRo=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB71VsLWQhrLZbtqlm92wOxFL6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzolRwg5737ZRWVtfWN8qbla3tnd296v5B26hMU9aiSijdiYhhgkvWQo6CdVLNSBIJ9hCNrqb+wyPThit5j+OUhQkZSB5zStBKQRfZE0ZxfqsnvWrNq3szuMvEL0gNCjR71a9uX9EsYRKpIMYEvpdimBONnAo2qXQzw1JCR2TAAkslSZgJ89nJE/fEKn03VtqWRHem/p7ISWLMOIlsZ0JwaBa9qfifF2QYX4Y5l2mGTNL5ojgTLip3+r/b55pRFGNLCNXc3urSIdGEok2pYkPwF19eJu2zuu/V/bvzWuO6iKMMR3AMp+DDBTTgBprQAgoKnuEV3hx0Xpx352PeWnKKmUP4A+fzB7XokYY=</latexit> P
<latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit>P

<latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit><latexit sha1_base64="uIHBXHy/XUv41PX7vglzRdMWrPo=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeCHjxWsLWQhrLZbtqlm2zYfRFK6M/w4kERr/4ab/4bN20O2jqwMMy8x86bMJXCoOt+O5W19Y3Nrep2bWd3b/+gfnjUNSrTjHeYkkr3Qmq4FAnvoEDJe6nmNA4lfwwnN4X/+MS1ESp5wGnKg5iOEhEJRtFKfj+mOGZU5u3ZoN5wm+4cZJV4JWlAifag/tUfKpbFPEEmqTG+56YY5FSjYJLPav3M8JSyCR1x39KExtwE+TzyjJxZZUgipe1LkMzV3xs5jY2ZxqGdLCKaZa8Q//P8DKPrIBdJmiFP2OKjKJMEFSnuJ0OhOUM5tYQyLWxWwsZUU4a2pZotwVs+eZV0L5qe2/TuLxut27KOKpzAKZyDB1fQgjtoQwcYKHiGV3hz0Hlx3p2PxWjFKXeO4Q+czx+Hs5Fo</latexit>

Ru
<latexit sha1_base64="zShRdTkvRIPI2mS5gW46qnS4fZw=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB49VbC2koWy2m3bpZjfsTsQS+jO8eFDEq7/Gm//GbZuDtj4YeLw3w8y8KBXcoOd9O6WV1bX1jfJmZWt7Z3evun/QNirTlLWoEkp3ImKY4JK1kKNgnVQzkkSCPUSjq6n/8Mi04Ure4zhlYUIGksecErRS0EX2hFGc32WTXrXm1b0Z3GXiF6QGBZq96le3r2iWMIlUEGMC30sxzIlGTgWbVLqZYSmhIzJggaWSJMyE+ezkiXtilb4bK21LojtTf0/kJDFmnES2MyE4NIveVPzPCzKML8OcyzRDJul8UZwJF5U7/d/tc80oirElhGpub3XpkGhC0aZUsSH4iy8vk/ZZ3ffq/u15rXFdxFGGIziGU/DhAhpwA01oAQUFz/AKbw46L8678zFvLTnFzCH8gfP5A8gtkZI=</latexit><latexit sha1_base64="zShRdTkvRIPI2mS5gW46qnS4fZw=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB49VbC2koWy2m3bpZjfsTsQS+jO8eFDEq7/Gm//GbZuDtj4YeLw3w8y8KBXcoOd9O6WV1bX1jfJmZWt7Z3evun/QNirTlLWoEkp3ImKY4JK1kKNgnVQzkkSCPUSjq6n/8Mi04Ure4zhlYUIGksecErRS0EX2hFGc32WTXrXm1b0Z3GXiF6QGBZq96le3r2iWMIlUEGMC30sxzIlGTgWbVLqZYSmhIzJggaWSJMyE+ezkiXtilb4bK21LojtTf0/kJDFmnES2MyE4NIveVPzPCzKML8OcyzRDJul8UZwJF5U7/d/tc80oirElhGpub3XpkGhC0aZUsSH4iy8vk/ZZ3ffq/u15rXFdxFGGIziGU/DhAhpwA01oAQUFz/AKbw46L8678zFvLTnFzCH8gfP5A8gtkZI=</latexit><latexit sha1_base64="zShRdTkvRIPI2mS5gW46qnS4fZw=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB49VbC2koWy2m3bpZjfsTsQS+jO8eFDEq7/Gm//GbZuDtj4YeLw3w8y8KBXcoOd9O6WV1bX1jfJmZWt7Z3evun/QNirTlLWoEkp3ImKY4JK1kKNgnVQzkkSCPUSjq6n/8Mi04Ure4zhlYUIGksecErRS0EX2hFGc32WTXrXm1b0Z3GXiF6QGBZq96le3r2iWMIlUEGMC30sxzIlGTgWbVLqZYSmhIzJggaWSJMyE+ezkiXtilb4bK21LojtTf0/kJDFmnES2MyE4NIveVPzPCzKML8OcyzRDJul8UZwJF5U7/d/tc80oirElhGpub3XpkGhC0aZUsSH4iy8vk/ZZ3ffq/u15rXFdxFGGIziGU/DhAhpwA01oAQUFz/AKbw46L8678zFvLTnFzCH8gfP5A8gtkZI=</latexit><latexit sha1_base64="zShRdTkvRIPI2mS5gW46qnS4fZw=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LGgB49VbC2koWy2m3bpZjfsTsQS+jO8eFDEq7/Gm//GbZuDtj4YeLw3w8y8KBXcoOd9O6WV1bX1jfJmZWt7Z3evun/QNirTlLWoEkp3ImKY4JK1kKNgnVQzkkSCPUSjq6n/8Mi04Ure4zhlYUIGksecErRS0EX2hFGc32WTXrXm1b0Z3GXiF6QGBZq96le3r2iWMIlUEGMC30sxzIlGTgWbVLqZYSmhIzJggaWSJMyE+ezkiXtilb4bK21LojtTf0/kJDFmnES2MyE4NIveVPzPCzKML8OcyzRDJul8UZwJF5U7/d/tc80oirElhGpub3XpkGhC0aZUsSH4iy8vk/ZZ3ffq/u15rXFdxFGGIziGU/DhAhpwA01oAQUFz/AKbw46L8678zFvLTnFzCH8gfP5A8gtkZI=</latexit>

O
<latexit sha1_base64="l6I4F4Ft32mKsxMJiQdp+DEYMHE=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBD96sYD+wDWWz3bRLN5uwOxFL6L/w4kERr/4bb/4bt20O2vpg4PHeDDPzgkQKg6777RRWVtfWN4qbpa3tnd298v5B08SpZrzBYhnrdkANl0LxBgqUvJ1oTqNA8lYwupr6rUeujYjVPY4T7kd0oEQoGEUrPXSRP2EQZreTXrniVt0ZyDLxclKBHPVe+avbj1kacYVMUmM6npugn1GNgkk+KXVTwxPKRnTAO5YqGnHjZ7OLJ+TEKn0SxtqWQjJTf09kNDJmHAW2M6I4NIveVPzP66QYXvqZUEmKXLH5ojCVBGMyfZ/0heYM5dgSyrSwtxI2pJoytCGVbAje4svLpHlW9dyqd3deqV3ncRThCI7hFDy4gBrcQB0awEDBM7zCm2OcF+fd+Zi3Fpx85hD+wPn8AekakRA=</latexit><latexit sha1_base64="l6I4F4Ft32mKsxMJiQdp+DEYMHE=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBD96sYD+wDWWz3bRLN5uwOxFL6L/w4kERr/4bb/4bt20O2vpg4PHeDDPzgkQKg6777RRWVtfWN4qbpa3tnd298v5B08SpZrzBYhnrdkANl0LxBgqUvJ1oTqNA8lYwupr6rUeujYjVPY4T7kd0oEQoGEUrPXSRP2EQZreTXrniVt0ZyDLxclKBHPVe+avbj1kacYVMUmM6npugn1GNgkk+KXVTwxPKRnTAO5YqGnHjZ7OLJ+TEKn0SxtqWQjJTf09kNDJmHAW2M6I4NIveVPzP66QYXvqZUEmKXLH5ojCVBGMyfZ/0heYM5dgSyrSwtxI2pJoytCGVbAje4svLpHlW9dyqd3deqV3ncRThCI7hFDy4gBrcQB0awEDBM7zCm2OcF+fd+Zi3Fpx85hD+wPn8AekakRA=</latexit><latexit sha1_base64="l6I4F4Ft32mKsxMJiQdp+DEYMHE=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBD96sYD+wDWWz3bRLN5uwOxFL6L/w4kERr/4bb/4bt20O2vpg4PHeDDPzgkQKg6777RRWVtfWN4qbpa3tnd298v5B08SpZrzBYhnrdkANl0LxBgqUvJ1oTqNA8lYwupr6rUeujYjVPY4T7kd0oEQoGEUrPXSRP2EQZreTXrniVt0ZyDLxclKBHPVe+avbj1kacYVMUmM6npugn1GNgkk+KXVTwxPKRnTAO5YqGnHjZ7OLJ+TEKn0SxtqWQjJTf09kNDJmHAW2M6I4NIveVPzP66QYXvqZUEmKXLH5ojCVBGMyfZ/0heYM5dgSyrSwtxI2pJoytCGVbAje4svLpHlW9dyqd3deqV3ncRThCI7hFDy4gBrcQB0awEDBM7zCm2OcF+fd+Zi3Fpx85hD+wPn8AekakRA=</latexit><latexit sha1_base64="l6I4F4Ft32mKsxMJiQdp+DEYMHE=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNBD96sYD+wDWWz3bRLN5uwOxFL6L/w4kERr/4bb/4bt20O2vpg4PHeDDPzgkQKg6777RRWVtfWN4qbpa3tnd298v5B08SpZrzBYhnrdkANl0LxBgqUvJ1oTqNA8lYwupr6rUeujYjVPY4T7kd0oEQoGEUrPXSRP2EQZreTXrniVt0ZyDLxclKBHPVe+avbj1kacYVMUmM6npugn1GNgkk+KXVTwxPKRnTAO5YqGnHjZ7OLJ+TEKn0SxtqWQjJTf09kNDJmHAW2M6I4NIveVPzP66QYXvqZUEmKXLH5ojCVBGMyfZ/0heYM5dgSyrSwtxI2pJoytCGVbAje4svLpHlW9dyqd3deqV3ncRThCI7hFDy4gBrcQB0awEDBM7zCm2OcF+fd+Zi3Fpx85hD+wPn8AekakRA=</latexit>

�
<latexit sha1_base64="UVIRSvMOf+uQ+l/wzcP5uWVflB0=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0VoXZREBF0W3bgRKtgHNLFMJpN26EwSZiZCCfkHN/6KGxeKuHXjzr9x0mZRWw8MczjnXu69x4sZlcqyfozSyura+kZ5s7K1vbO7Z+4fdGSUCEzaOGKR6HlIEkZD0lZUMdKLBUHcY6Trja9zv/tIhKRReK8mMXE5GoY0oBgpLQ3MU8eLmC8nXH+pI+mQo6w2pzl4RB/S2m09qw/MqtWwpoDLxC5IFRRoDcxvx49wwkmoMENS9m0rVm6KhKKYkaziJJLECI/RkPQ1DREn0k2nN2XwRCs+DCKhX6jgVJ3vSBGX+Yq6kiM1koteLv7n9RMVXLopDeNEkRDPBgUJgyqCeUDQp4JgxSaaICyo3hXiERIIKx1jRYdgL568TDpnDdtq2Hfn1eZVEUcZHIFjUAM2uABNcANaoA0weAIv4A28G8/Gq/FhfM5KS0bRcwj+wPj6BcwRnq8=</latexit><latexit sha1_base64="UVIRSvMOf+uQ+l/wzcP5uWVflB0=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0VoXZREBF0W3bgRKtgHNLFMJpN26EwSZiZCCfkHN/6KGxeKuHXjzr9x0mZRWw8MczjnXu69x4sZlcqyfozSyura+kZ5s7K1vbO7Z+4fdGSUCEzaOGKR6HlIEkZD0lZUMdKLBUHcY6Trja9zv/tIhKRReK8mMXE5GoY0oBgpLQ3MU8eLmC8nXH+pI+mQo6w2pzl4RB/S2m09qw/MqtWwpoDLxC5IFRRoDcxvx49wwkmoMENS9m0rVm6KhKKYkaziJJLECI/RkPQ1DREn0k2nN2XwRCs+DCKhX6jgVJ3vSBGX+Yq6kiM1koteLv7n9RMVXLopDeNEkRDPBgUJgyqCeUDQp4JgxSaaICyo3hXiERIIKx1jRYdgL568TDpnDdtq2Hfn1eZVEUcZHIFjUAM2uABNcANaoA0weAIv4A28G8/Gq/FhfM5KS0bRcwj+wPj6BcwRnq8=</latexit><latexit sha1_base64="UVIRSvMOf+uQ+l/wzcP5uWVflB0=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0VoXZREBF0W3bgRKtgHNLFMJpN26EwSZiZCCfkHN/6KGxeKuHXjzr9x0mZRWw8MczjnXu69x4sZlcqyfozSyura+kZ5s7K1vbO7Z+4fdGSUCEzaOGKR6HlIEkZD0lZUMdKLBUHcY6Trja9zv/tIhKRReK8mMXE5GoY0oBgpLQ3MU8eLmC8nXH+pI+mQo6w2pzl4RB/S2m09qw/MqtWwpoDLxC5IFRRoDcxvx49wwkmoMENS9m0rVm6KhKKYkaziJJLECI/RkPQ1DREn0k2nN2XwRCs+DCKhX6jgVJ3vSBGX+Yq6kiM1koteLv7n9RMVXLopDeNEkRDPBgUJgyqCeUDQp4JgxSaaICyo3hXiERIIKx1jRYdgL568TDpnDdtq2Hfn1eZVEUcZHIFjUAM2uABNcANaoA0weAIv4A28G8/Gq/FhfM5KS0bRcwj+wPj6BcwRnq8=</latexit><latexit sha1_base64="UVIRSvMOf+uQ+l/wzcP5uWVflB0=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0VoXZREBF0W3bgRKtgHNLFMJpN26EwSZiZCCfkHN/6KGxeKuHXjzr9x0mZRWw8MczjnXu69x4sZlcqyfozSyura+kZ5s7K1vbO7Z+4fdGSUCEzaOGKR6HlIEkZD0lZUMdKLBUHcY6Trja9zv/tIhKRReK8mMXE5GoY0oBgpLQ3MU8eLmC8nXH+pI+mQo6w2pzl4RB/S2m09qw/MqtWwpoDLxC5IFRRoDcxvx49wwkmoMENS9m0rVm6KhKKYkaziJJLECI/RkPQ1DREn0k2nN2XwRCs+DCKhX6jgVJ3vSBGX+Yq6kiM1koteLv7n9RMVXLopDeNEkRDPBgUJgyqCeUDQp4JgxSaaICyo3hXiERIIKx1jRYdgL568TDpnDdtq2Hfn1eZVEUcZHIFjUAM2uABNcANaoA0weAIv4A28G8/Gq/FhfM5KS0bRcwj+wPj6BcwRnq8=</latexit>

VAH
<latexit sha1_base64="GBXLkc2huyhzQoV+icOHXFo5XHg=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6rXnqsYD+gDWGz3bRLN5uwOxFryC/x4kERr/4Ub/4bt20O2vpg4PHeDDPzgkRwDY7zbZXW1jc2t8rblZ3dvf2qfXDY0XGqKGvTWMSqFxDNBJesDRwE6yWKkSgQrBtMbmd+94EpzWN5D9OEeREZSR5ySsBIvl3t+NkA2CMEYXbdzHPfrjl1Zw68StyC1FCBlm9/DYYxTSMmgQqidd91EvAyooBTwfLKINUsIXRCRqxvqCQR0142PzzHp0YZ4jBWpiTgufp7IiOR1tMoMJ0RgbFe9mbif14/hfDKy7hMUmCSLhaFqcAQ41kKeMgVoyCmhhCquLkV0zFRhILJqmJCcJdfXiWd87rr1N27i1rjpoijjI7RCTpDLrpEDdRELdRGFKXoGb2iN+vJerHerY9Fa8kqZo7QH1ifPxMSk1g=</latexit><latexit sha1_base64="GBXLkc2huyhzQoV+icOHXFo5XHg=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6rXnqsYD+gDWGz3bRLN5uwOxFryC/x4kERr/4Ub/4bt20O2vpg4PHeDDPzgkRwDY7zbZXW1jc2t8rblZ3dvf2qfXDY0XGqKGvTWMSqFxDNBJesDRwE6yWKkSgQrBtMbmd+94EpzWN5D9OEeREZSR5ySsBIvl3t+NkA2CMEYXbdzHPfrjl1Zw68StyC1FCBlm9/DYYxTSMmgQqidd91EvAyooBTwfLKINUsIXRCRqxvqCQR0142PzzHp0YZ4jBWpiTgufp7IiOR1tMoMJ0RgbFe9mbif14/hfDKy7hMUmCSLhaFqcAQ41kKeMgVoyCmhhCquLkV0zFRhILJqmJCcJdfXiWd87rr1N27i1rjpoijjI7RCTpDLrpEDdRELdRGFKXoGb2iN+vJerHerY9Fa8kqZo7QH1ifPxMSk1g=</latexit><latexit sha1_base64="GBXLkc2huyhzQoV+icOHXFo5XHg=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6rXnqsYD+gDWGz3bRLN5uwOxFryC/x4kERr/4Ub/4bt20O2vpg4PHeDDPzgkRwDY7zbZXW1jc2t8rblZ3dvf2qfXDY0XGqKGvTWMSqFxDNBJesDRwE6yWKkSgQrBtMbmd+94EpzWN5D9OEeREZSR5ySsBIvl3t+NkA2CMEYXbdzHPfrjl1Zw68StyC1FCBlm9/DYYxTSMmgQqidd91EvAyooBTwfLKINUsIXRCRqxvqCQR0142PzzHp0YZ4jBWpiTgufp7IiOR1tMoMJ0RgbFe9mbif14/hfDKy7hMUmCSLhaFqcAQ41kKeMgVoyCmhhCquLkV0zFRhILJqmJCcJdfXiWd87rr1N27i1rjpoijjI7RCTpDLrpEDdRELdRGFKXoGb2iN+vJerHerY9Fa8kqZo7QH1ifPxMSk1g=</latexit><latexit sha1_base64="GBXLkc2huyhzQoV+icOHXFo5XHg=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6rXnqsYD+gDWGz3bRLN5uwOxFryC/x4kERr/4Ub/4bt20O2vpg4PHeDDPzgkRwDY7zbZXW1jc2t8rblZ3dvf2qfXDY0XGqKGvTWMSqFxDNBJesDRwE6yWKkSgQrBtMbmd+94EpzWN5D9OEeREZSR5ySsBIvl3t+NkA2CMEYXbdzHPfrjl1Zw68StyC1FCBlm9/DYYxTSMmgQqidd91EvAyooBTwfLKINUsIXRCRqxvqCQR0142PzzHp0YZ4jBWpiTgufp7IiOR1tMoMJ0RgbFe9mbif14/hfDKy7hMUmCSLhaFqcAQ41kKeMgVoyCmhhCquLkV0zFRhILJqmJCcJdfXiWd87rr1N27i1rjpoijjI7RCTpDLrpEDdRELdRGFKXoGb2iN+vJerHerY9Fa8kqZo7QH1ifPxMSk1g=</latexit>

�
<latexit sha1_base64="ooIv3u8gUdBWcx+E+fJl8S+WZOI=">AAACE3icbVC7TsMwFHXKq5RXgJHFokJqGaoEIcFY0YWxSPQhNaFyHKe1aieR7SBVUf6BhV9hYQAhVhY2/ganzVBajmT56Jx7de89XsyoVJb1Y5TW1jc2t8rblZ3dvf0D8/CoK6NEYNLBEYtE30OSMBqSjqKKkX4sCOIeIz1v0sr93iMRkkbhvZrGxOVoFNKAYqS0NDTPHS9ivpxy/aWOpCOOstqC5uAxfUhrrXpWH5pVq2HNAFeJXZAqKNAemt+OH+GEk1BhhqQc2Fas3BQJRTEjWcVJJIkRnqARGWgaIk6km85uyuCZVnwYREK/UMGZutiRIi7zFXUlR2osl71c/M8bJCq4dlMaxokiIZ4PChIGVQTzgKBPBcGKTTVBWFC9K8RjJBBWOsaKDsFePnmVdC8attWw7y6rzZsijjI4AaegBmxwBZrgFrRBB2DwBF7AG3g3no1X48P4nJeWjKLnGPyB8fULvMuepQ==</latexit><latexit sha1_base64="ooIv3u8gUdBWcx+E+fJl8S+WZOI=">AAACE3icbVC7TsMwFHXKq5RXgJHFokJqGaoEIcFY0YWxSPQhNaFyHKe1aieR7SBVUf6BhV9hYQAhVhY2/ganzVBajmT56Jx7de89XsyoVJb1Y5TW1jc2t8rblZ3dvf0D8/CoK6NEYNLBEYtE30OSMBqSjqKKkX4sCOIeIz1v0sr93iMRkkbhvZrGxOVoFNKAYqS0NDTPHS9ivpxy/aWOpCOOstqC5uAxfUhrrXpWH5pVq2HNAFeJXZAqKNAemt+OH+GEk1BhhqQc2Fas3BQJRTEjWcVJJIkRnqARGWgaIk6km85uyuCZVnwYREK/UMGZutiRIi7zFXUlR2osl71c/M8bJCq4dlMaxokiIZ4PChIGVQTzgKBPBcGKTTVBWFC9K8RjJBBWOsaKDsFePnmVdC8attWw7y6rzZsijjI4AaegBmxwBZrgFrRBB2DwBF7AG3g3no1X48P4nJeWjKLnGPyB8fULvMuepQ==</latexit><latexit sha1_base64="ooIv3u8gUdBWcx+E+fJl8S+WZOI=">AAACE3icbVC7TsMwFHXKq5RXgJHFokJqGaoEIcFY0YWxSPQhNaFyHKe1aieR7SBVUf6BhV9hYQAhVhY2/ganzVBajmT56Jx7de89XsyoVJb1Y5TW1jc2t8rblZ3dvf0D8/CoK6NEYNLBEYtE30OSMBqSjqKKkX4sCOIeIz1v0sr93iMRkkbhvZrGxOVoFNKAYqS0NDTPHS9ivpxy/aWOpCOOstqC5uAxfUhrrXpWH5pVq2HNAFeJXZAqKNAemt+OH+GEk1BhhqQc2Fas3BQJRTEjWcVJJIkRnqARGWgaIk6km85uyuCZVnwYREK/UMGZutiRIi7zFXUlR2osl71c/M8bJCq4dlMaxokiIZ4PChIGVQTzgKBPBcGKTTVBWFC9K8RjJBBWOsaKDsFePnmVdC8attWw7y6rzZsijjI4AaegBmxwBZrgFrRBB2DwBF7AG3g3no1X48P4nJeWjKLnGPyB8fULvMuepQ==</latexit><latexit sha1_base64="ooIv3u8gUdBWcx+E+fJl8S+WZOI=">AAACE3icbVC7TsMwFHXKq5RXgJHFokJqGaoEIcFY0YWxSPQhNaFyHKe1aieR7SBVUf6BhV9hYQAhVhY2/ganzVBajmT56Jx7de89XsyoVJb1Y5TW1jc2t8rblZ3dvf0D8/CoK6NEYNLBEYtE30OSMBqSjqKKkX4sCOIeIz1v0sr93iMRkkbhvZrGxOVoFNKAYqS0NDTPHS9ivpxy/aWOpCOOstqC5uAxfUhrrXpWH5pVq2HNAFeJXZAqKNAemt+OH+GEk1BhhqQc2Fas3BQJRTEjWcVJJIkRnqARGWgaIk6km85uyuCZVnwYREK/UMGZutiRIi7zFXUlR2osl71c/M8bJCq4dlMaxokiIZ4PChIGVQTzgKBPBcGKTTVBWFC9K8RjJBBWOsaKDsFePnmVdC8attWw7y6rzZsijjI4AaegBmxwBZrgFrRBB2DwBF7AG3g3no1X48P4nJeWjKLnGPyB8fULvMuepQ==</latexit>

VCH
<latexit sha1_base64="wTjrqVL7eiuSx0GFwuWVqGV8nwQ=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6LvfRYwX5AG8Jmu2mXbjZhdyLWkF/ixYMiXv0p3vw3btsctPXBwOO9GWbmBYngGhzn2yptbG5t75R3K3v7B4dV++i4q+NUUdahsYhVPyCaCS5ZBzgI1k8UI1EgWC+YNud+74EpzWN5D7OEeREZSx5ySsBIvl3t+tkQ2CMEYdZs5blv15y6swBeJ25BaqhA27e/hqOYphGTQAXReuA6CXgZUcCpYHllmGqWEDolYzYwVJKIaS9bHJ7jc6OMcBgrUxLwQv09kZFI61kUmM6IwESvenPxP2+QQnjjZVwmKTBJl4vCVGCI8TwFPOKKURAzQwhV3NyK6YQoQsFkVTEhuKsvr5PuZd116u7dVa1xW8RRRqfoDF0gF12jBmqhNuogilL0jF7Rm/VkvVjv1seytWQVMyfoD6zPHxYgk1o=</latexit><latexit sha1_base64="wTjrqVL7eiuSx0GFwuWVqGV8nwQ=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6LvfRYwX5AG8Jmu2mXbjZhdyLWkF/ixYMiXv0p3vw3btsctPXBwOO9GWbmBYngGhzn2yptbG5t75R3K3v7B4dV++i4q+NUUdahsYhVPyCaCS5ZBzgI1k8UI1EgWC+YNud+74EpzWN5D7OEeREZSx5ySsBIvl3t+tkQ2CMEYdZs5blv15y6swBeJ25BaqhA27e/hqOYphGTQAXReuA6CXgZUcCpYHllmGqWEDolYzYwVJKIaS9bHJ7jc6OMcBgrUxLwQv09kZFI61kUmM6IwESvenPxP2+QQnjjZVwmKTBJl4vCVGCI8TwFPOKKURAzQwhV3NyK6YQoQsFkVTEhuKsvr5PuZd116u7dVa1xW8RRRqfoDF0gF12jBmqhNuogilL0jF7Rm/VkvVjv1seytWQVMyfoD6zPHxYgk1o=</latexit><latexit sha1_base64="wTjrqVL7eiuSx0GFwuWVqGV8nwQ=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6LvfRYwX5AG8Jmu2mXbjZhdyLWkF/ixYMiXv0p3vw3btsctPXBwOO9GWbmBYngGhzn2yptbG5t75R3K3v7B4dV++i4q+NUUdahsYhVPyCaCS5ZBzgI1k8UI1EgWC+YNud+74EpzWN5D7OEeREZSx5ySsBIvl3t+tkQ2CMEYdZs5blv15y6swBeJ25BaqhA27e/hqOYphGTQAXReuA6CXgZUcCpYHllmGqWEDolYzYwVJKIaS9bHJ7jc6OMcBgrUxLwQv09kZFI61kUmM6IwESvenPxP2+QQnjjZVwmKTBJl4vCVGCI8TwFPOKKURAzQwhV3NyK6YQoQsFkVTEhuKsvr5PuZd116u7dVa1xW8RRRqfoDF0gF12jBmqhNuogilL0jF7Rm/VkvVjv1seytWQVMyfoD6zPHxYgk1o=</latexit><latexit sha1_base64="wTjrqVL7eiuSx0GFwuWVqGV8nwQ=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6LvfRYwX5AG8Jmu2mXbjZhdyLWkF/ixYMiXv0p3vw3btsctPXBwOO9GWbmBYngGhzn2yptbG5t75R3K3v7B4dV++i4q+NUUdahsYhVPyCaCS5ZBzgI1k8UI1EgWC+YNud+74EpzWN5D7OEeREZSx5ySsBIvl3t+tkQ2CMEYdZs5blv15y6swBeJ25BaqhA27e/hqOYphGTQAXReuA6CXgZUcCpYHllmGqWEDolYzYwVJKIaS9bHJ7jc6OMcBgrUxLwQv09kZFI61kUmM6IwESvenPxP2+QQnjjZVwmKTBJl4vCVGCI8TwFPOKKURAzQwhV3NyK6YQoQsFkVTEhuKsvr5PuZd116u7dVa1xW8RRRqfoDF0gF12jBmqhNuogilL0jF7Rm/VkvVjv1seytWQVMyfoD6zPHxYgk1o=</latexit>

� k [010]
<latexit sha1_base64="0hXTSm2PFT0P23rMSe/TBogKRrw=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVTIi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6LvzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgWGQYYU5pxz6yENh362jBpoBLhOvJHVQotV3v4I4Jbmg0hCOtfY9lJlwgpVhhNNpLcg1zTAZ4QH1LZVYUB1OZqdM4alVYpikyj5p4Ez93THBQhfb2kqBzVAveoX4n+fnJrkKJ0xmuaGSzAclOYcmhUUuMGaKEsPHlmCimN0VkqENghibXs2G4C2evEw65w0PNby7i3rzpoyjCo7ACTgDHrgETXALWqANCHgEz+AVvDlPzovz7nzMSytO2XMI/sD5/AGZypop</latexit><latexit sha1_base64="0hXTSm2PFT0P23rMSe/TBogKRrw=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVTIi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6LvzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgWGQYYU5pxz6yENh362jBpoBLhOvJHVQotV3v4I4Jbmg0hCOtfY9lJlwgpVhhNNpLcg1zTAZ4QH1LZVYUB1OZqdM4alVYpikyj5p4Ez93THBQhfb2kqBzVAveoX4n+fnJrkKJ0xmuaGSzAclOYcmhUUuMGaKEsPHlmCimN0VkqENghibXs2G4C2evEw65w0PNby7i3rzpoyjCo7ACTgDHrgETXALWqANCHgEz+AVvDlPzovz7nzMSytO2XMI/sD5/AGZypop</latexit><latexit sha1_base64="0hXTSm2PFT0P23rMSe/TBogKRrw=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVTIi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6LvzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgWGQYYU5pxz6yENh362jBpoBLhOvJHVQotV3v4I4Jbmg0hCOtfY9lJlwgpVhhNNpLcg1zTAZ4QH1LZVYUB1OZqdM4alVYpikyj5p4Ez93THBQhfb2kqBzVAveoX4n+fnJrkKJ0xmuaGSzAclOYcmhUUuMGaKEsPHlmCimN0VkqENghibXs2G4C2evEw65w0PNby7i3rzpoyjCo7ACTgDHrgETXALWqANCHgEz+AVvDlPzovz7nzMSytO2XMI/sD5/AGZypop</latexit><latexit sha1_base64="0hXTSm2PFT0P23rMSe/TBogKRrw=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVTIi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6LvzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgWGQYYU5pxz6yENh362jBpoBLhOvJHVQotV3v4I4Jbmg0hCOtfY9lJlwgpVhhNNpLcg1zTAZ4QH1LZVYUB1OZqdM4alVYpikyj5p4Ez93THBQhfb2kqBzVAveoX4n+fnJrkKJ0xmuaGSzAclOYcmhUUuMGaKEsPHlmCimN0VkqENghibXs2G4C2evEw65w0PNby7i3rzpoyjCo7ACTgDHrgETXALWqANCHgEz+AVvDlPzovz7nzMSytO2XMI/sD5/AGZypop</latexit>

[001]
<latexit sha1_base64="CkEjTLRt0d9grMfxgvs8LuvuMrU=">AAAB7HicbVBNSwMxEJ3Ur1q/qh69BIvgqWRF0GNBDx4ruLWwXUo2zbah2eySZIWy9Dd48aCIV3+QN/+NabsHbX0w8Hhvhpl5USaFsYR8o8ra+sbmVnW7trO7t39QPzzqmDTXjPsslanuRtRwKRT3rbCSdzPNaRJJ/hiNb2b+4xPXRqTqwU4yHiZ0qEQsGLVO8gNCvLBfb5AmmQOvEq8kDSjR7te/eoOU5QlXlklqTOCRzIYF1VYwyae1Xm54RtmYDnngqKIJN2ExP3aKz5wywHGqXSmL5+rviYImxkySyHUm1I7MsjcT//OC3MbXYSFUlluu2GJRnEtsUzz7HA+E5szKiSOUaeFuxWxENWXW5VNzIXjLL6+SzkXTI03v/rLRui3jqMIJnMI5eHAFLbiDNvjAQMAzvMIbUugFvaOPRWsFlTPH8Afo8we53o33</latexit><latexit sha1_base64="CkEjTLRt0d9grMfxgvs8LuvuMrU=">AAAB7HicbVBNSwMxEJ3Ur1q/qh69BIvgqWRF0GNBDx4ruLWwXUo2zbah2eySZIWy9Dd48aCIV3+QN/+NabsHbX0w8Hhvhpl5USaFsYR8o8ra+sbmVnW7trO7t39QPzzqmDTXjPsslanuRtRwKRT3rbCSdzPNaRJJ/hiNb2b+4xPXRqTqwU4yHiZ0qEQsGLVO8gNCvLBfb5AmmQOvEq8kDSjR7te/eoOU5QlXlklqTOCRzIYF1VYwyae1Xm54RtmYDnngqKIJN2ExP3aKz5wywHGqXSmL5+rviYImxkySyHUm1I7MsjcT//OC3MbXYSFUlluu2GJRnEtsUzz7HA+E5szKiSOUaeFuxWxENWXW5VNzIXjLL6+SzkXTI03v/rLRui3jqMIJnMI5eHAFLbiDNvjAQMAzvMIbUugFvaOPRWsFlTPH8Afo8we53o33</latexit><latexit sha1_base64="CkEjTLRt0d9grMfxgvs8LuvuMrU=">AAAB7HicbVBNSwMxEJ3Ur1q/qh69BIvgqWRF0GNBDx4ruLWwXUo2zbah2eySZIWy9Dd48aCIV3+QN/+NabsHbX0w8Hhvhpl5USaFsYR8o8ra+sbmVnW7trO7t39QPzzqmDTXjPsslanuRtRwKRT3rbCSdzPNaRJJ/hiNb2b+4xPXRqTqwU4yHiZ0qEQsGLVO8gNCvLBfb5AmmQOvEq8kDSjR7te/eoOU5QlXlklqTOCRzIYF1VYwyae1Xm54RtmYDnngqKIJN2ExP3aKz5wywHGqXSmL5+rviYImxkySyHUm1I7MsjcT//OC3MbXYSFUlluu2GJRnEtsUzz7HA+E5szKiSOUaeFuxWxENWXW5VNzIXjLL6+SzkXTI03v/rLRui3jqMIJnMI5eHAFLbiDNvjAQMAzvMIbUugFvaOPRWsFlTPH8Afo8we53o33</latexit><latexit sha1_base64="CkEjTLRt0d9grMfxgvs8LuvuMrU=">AAAB7HicbVBNSwMxEJ3Ur1q/qh69BIvgqWRF0GNBDx4ruLWwXUo2zbah2eySZIWy9Dd48aCIV3+QN/+NabsHbX0w8Hhvhpl5USaFsYR8o8ra+sbmVnW7trO7t39QPzzqmDTXjPsslanuRtRwKRT3rbCSdzPNaRJJ/hiNb2b+4xPXRqTqwU4yHiZ0qEQsGLVO8gNCvLBfb5AmmQOvEq8kDSjR7te/eoOU5QlXlklqTOCRzIYF1VYwyae1Xm54RtmYDnngqKIJN2ExP3aKz5wywHGqXSmL5+rviYImxkySyHUm1I7MsjcT//OC3MbXYSFUlluu2GJRnEtsUzz7HA+E5szKiSOUaeFuxWxENWXW5VNzIXjLL6+SzkXTI03v/rLRui3jqMIJnMI5eHAFLbiDNvjAQMAzvMIbUugFvaOPRWsFlTPH8Afo8we53o33</latexit>

CB

� k [111]
<latexit sha1_base64="JwqesUnEjzk8W+beb38PKqgg0iM=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVSYi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaeN63U1lZXVvfqG7WtrZ3dvfc/YOOTnNFaJukPFW9CGvKmaRtwwynvUxRLCJOu9HouvC7D1Rplsp7M85oKPBAsoQRbKzUd4+DKOWxHgv7BZoNBIZBhhXmnHLoI4TCvlv3Gt4McJmgktRBiVbf/QrilOSCSkM41tpHXmbCCVaGEU6ntSDXNMNkhAfUt1RiQXU4mZ0yhadWiWGSKvukgTP1d8cEC11saysFNkO96BXif56fm+QqnDCZ5YZKMh+U5ByaFBa5wJgpSgwfW4KJYnZXSIY2CGJsejUbAlo8eZl0zhvIa6C7i3rzpoyjCo7ACTgDCFyCJrgFLdAGBDyCZ/AK3pwn58V5dz7mpRWn7DkEf+B8/gCc1por</latexit><latexit sha1_base64="JwqesUnEjzk8W+beb38PKqgg0iM=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVSYi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaeN63U1lZXVvfqG7WtrZ3dvfc/YOOTnNFaJukPFW9CGvKmaRtwwynvUxRLCJOu9HouvC7D1Rplsp7M85oKPBAsoQRbKzUd4+DKOWxHgv7BZoNBIZBhhXmnHLoI4TCvlv3Gt4McJmgktRBiVbf/QrilOSCSkM41tpHXmbCCVaGEU6ntSDXNMNkhAfUt1RiQXU4mZ0yhadWiWGSKvukgTP1d8cEC11saysFNkO96BXif56fm+QqnDCZ5YZKMh+U5ByaFBa5wJgpSgwfW4KJYnZXSIY2CGJsejUbAlo8eZl0zhvIa6C7i3rzpoyjCo7ACTgDCFyCJrgFLdAGBDyCZ/AK3pwn58V5dz7mpRWn7DkEf+B8/gCc1por</latexit><latexit sha1_base64="JwqesUnEjzk8W+beb38PKqgg0iM=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVSYi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaeN63U1lZXVvfqG7WtrZ3dvfc/YOOTnNFaJukPFW9CGvKmaRtwwynvUxRLCJOu9HouvC7D1Rplsp7M85oKPBAsoQRbKzUd4+DKOWxHgv7BZoNBIZBhhXmnHLoI4TCvlv3Gt4McJmgktRBiVbf/QrilOSCSkM41tpHXmbCCVaGEU6ntSDXNMNkhAfUt1RiQXU4mZ0yhadWiWGSKvukgTP1d8cEC11saysFNkO96BXif56fm+QqnDCZ5YZKMh+U5ByaFBa5wJgpSgwfW4KJYnZXSIY2CGJsejUbAlo8eZl0zhvIa6C7i3rzpoyjCo7ACTgDCFyCJrgFLdAGBDyCZ/AK3pwn58V5dz7mpRWn7DkEf+B8/gCc1por</latexit><latexit sha1_base64="JwqesUnEjzk8W+beb38PKqgg0iM=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVSYi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaeN63U1lZXVvfqG7WtrZ3dvfc/YOOTnNFaJukPFW9CGvKmaRtwwynvUxRLCJOu9HouvC7D1Rplsp7M85oKPBAsoQRbKzUd4+DKOWxHgv7BZoNBIZBhhXmnHLoI4TCvlv3Gt4McJmgktRBiVbf/QrilOSCSkM41tpHXmbCCVaGEU6ntSDXNMNkhAfUt1RiQXU4mZ0yhadWiWGSKvukgTP1d8cEC11saysFNkO96BXif56fm+QqnDCZ5YZKMh+U5ByaFBa5wJgpSgwfW4KJYnZXSIY2CGJsejUbAlo8eZl0zhvIa6C7i3rzpoyjCo7ACTgDCFyCJrgFLdAGBDyCZ/AK3pwn58V5dz7mpRWn7DkEf+B8/gCc1por</latexit>
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Figure 5: Anomalous vs crystal Hall effect and corresponding magnetization isosurfaces.
(A) Anomalous Hall effect due to a Hall vector (σ) generated by the non-collinear antiferromagnetic
order (purple arrows) in Mn3Ir (Mn: dark spheres, Ir: grey spheres). Mn and Ir atoms occupy
centrosymmetric sites. The conventional symmetry breaking mechanism in anomalous Hall effect in
ferromagnets (B) (m marks the magnetization vector) or non-collinear antiferromagnets (C) can be
captured by the spin structure of the magnetic ions only (black arrows). (D) Crystal Hall effect
generated by collinear antiferromagnetism (black arrows) and arrangement of non-magnetic atoms.
(Ru: light brown spheres, O: red spheres). While the crystal has inversion centre at the magnetic
Ru atom, the non-magnetic O atoms are at non-centrosymmetric positions. (E) In the case of the
crystal Hall antiferromagnet, the complete magnetization density shape is required to capture the
spontaneous symmetry breaking. In panels (B, C, E) we illustrate magnetisation density isosurfaces
with projection along the [100] direction.
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In the conventional microscopic mechanism of the spontaneous Hall effect in ferromagnets, the
asymmetry of left-right deflected electrons is induced by the combined effect of ferromagnetic spin-
polarization and spin-orbit coupling (SOC) [12]. This mechanism is commonly referred to as the
anomalous Hall effect (AHE). Here the ferromagnetic polarization breaks the T symmetry, while SOC
adds breaking of the invariance under spin rotation which, if the invariance was present, would make the
AHE vanish as the invariance under T [16]. This required symmetry breaking and associated emergent
magnetic Berry curvature can arise also due to certain non-collinear antiferromagnetic structures
instead of ferromagnetic moments, as predicted for Mn3Ir [18, 19] whose magnetic lattice is shown
in Fig. 5A. Large AHE conductivities were experimentally reported in related coplanar non-collinear
compensated antiferromagnets Mn3Sn [20], Mn3Ge [21], and Mn3Pt [22]. The non-relativistic AHE
counterpart - the topological Hall effect can occur when in the breaking of the spin-rotation invariance
the SOC is replaced by a non-coplanar spin structure as shown in certain spin-liquid candidates [23],
non-coplanar antiferromagnets [24], or skyrmions [25].

The formal MLG symmetry analysis of the spontaneous Hall effect has not led, over the five decades
since its original report [14], to the identification of a suitable material candidate with collinear anti-
ferromagnetic order. Focusing on the spin vectors and spatial configurations of magnetic atoms [16],
as illustrated in Figs. 5B,C, has even resulted in a general expectation of a vanishing spontaneous
Hall effect in collinear antiferromagnets [24, 26, 16, 27]. Indeed, antiferromagnets with T symmetry in
the MLG are excluded from having the spontaneous Hall effect. Examples encompass collinear anti-
ferromagnets that have a symmetry termed here TAF combining T and another symmetry operation,
as for instance CuMnAs [1] (TAF = PT ), or GdPtBi [28] (TAF = t 1

2
T , where t 1

2
is a half-unit cell

translation).
The breaking of the T symmetry in the MLG by the spin structure of ferromagnets or the non-

collinear magnetic systems has been at the heart of all the above Hall effect considerations. In this
work [10], we introduce an alternative relativistic spontaneous Hall mechanism. Here the simplified
magnetic structure alone, represented by the spin vectors and spatial configurations of magnetic atoms,
generates no spontaneous Hall conductivity. The required asymmetry is generated only when including
additional atoms at non-centrosymmetric sites which can be non-magnetic. Our mechanism is demon-
strated on the collinear antiferromagnet RuO2 shown in Fig. 5D. Here the crystal arrangement of
oxygen atoms results in the asymmetry of magnetization density on the opposite Ru spin-sublattices,
as illustrated in Fig. 5E, which breaks TAF. This shows that while the symmetry breaking mechanism
in ferromagnets or non-collinear antiferromagnets can be captured by drawing magnetic ordering as
spin-projection vectors only, placed on the magnetic atom sites (Figs. 5B,C), this common approach
is incomplete in general. On the example of a collinear antiferromagnetic order, we illustrate that the
detailed shape of the magnetization density needs to be considered, otherwise important families of
magnets are omitted.

A specific consequence of our crystal symmetry breaking mechanism in the context of the spon-
taneous Hall effect is flipping off the sign of the Hall coefficient when reversing the crystal chirality
by the rearrangement of the non-magnetic atoms while keeping the spin vectors and the positions of
magnetic atoms fixed. The crystal chirality thus offers an additional tool, apart from reversing the
magnetic moments, to control the sign of the Hall effect which is not available in the earlier identified
anomalous Hall effects of ferromagnets or non-collinear antiferromagnets. To highlight the unique
nature and consequences of our mechanism we introduce the term crystal Hall effect (CHE). On the
example of the collinear antiferromagnet RuO2 we also illustrate that the crystal symmetry breaking
mechanism is robust, leading to large magnitudes of the CHE.

While RuO2 has oxygen atoms on locally non-centrosymmetric sites, it is globally centrosymmetric.
We analyse also the CHE in the quasi-two-dimensional antiferromagnet [27] CoNb3S6 which is globally
non-centrosymmetric. We catalogue all possible magnetic symmetries hosting the CHE in collinear
antiferromagnets and a number of material candidates. Finally, we discuss the relevance of the CHE
for earlier inconclusive interpretations of Hall measurements [27, 29] in the above mentioned CoNb3S6

and in the Ce-doped canted antiferromagnet CaMnO3.
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3.2 Crystal symmetry breaking mechanism in a collinear antiferromagnet

We now describe the T symmetry breaking due to the complex asymmetric magnetization density in
collinear antiferromagnets, emphasizing the distinct nature of the CHE from the usual AHE mecha-
nism. The anomalous Hall conductivity in IrMn3 and similar materials is generated by the symmetry
lowering due to the nontrivial non-collinear antiferromagnetic order [16]. The magnetization densities
are locally highly symmetric as illustrated in Fig. 5C, and the T symmetry is broken in the MLG by
the mutual non-collinearity of the spin-projection vectors on the magnetic sites. The Fermi surfaces
exhibit non-collinear spin textures in the crystal momentum space and spin is not a good quantum
number even without SOC. Ir Wyckoff positions are centrosymmetric and the MSG does not depend
on their presence or absence in the IrMn3 crystal. This justifies neglecting the non-magnetic atoms in
this class of crystals and analysing only the magnetic spin-structure [16]. The SOC lifts the degeneracy
between two magnetic states connected by spin reversals and translates the symmetry breaking into
the orbital sector, similarly as in the ferromagnetic AHE [16].
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P
<latexit sha1_base64="74mg33jYF/WPnqMSc/8gi8//P8o=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeiF48VbC2koWy2m3bpJht2X4QS+jO8eFDEq7/Gm//GTZuDtg4sDDPvsfMmTKUw6LrfTmVtfWNzq7pd29nd2z+oHx51jco04x2mpNK9kBouRcI7KFDyXqo5jUPJH8PJbeE/PnFthEoecJryIKajRESCUbSS348pjhmVeXs2qDfcpjsHWSVeSRpQoj2of/WHimUxT5BJaozvuSkGOdUomOSzWj8zPKVsQkfctzShMTdBPo88I2dWGZJIafsSJHP190ZOY2OmcWgni4hm2SvE/zw/w+g6yEWSZsgTtvgoyiRBRYr7yVBozlBOLaFMC5uVsDHVlKFtqWZL8JZPXiXdi6bnNr37y0brpqyjCidwCufgwRW04A7a0AEGCp7hFd4cdF6cd+djMVpxyp1j+APn8weHGZFm</latexit><latexit sha1_base64="74mg33jYF/WPnqMSc/8gi8//P8o=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeiF48VbC2koWy2m3bpJht2X4QS+jO8eFDEq7/Gm//GTZuDtg4sDDPvsfMmTKUw6LrfTmVtfWNzq7pd29nd2z+oHx51jco04x2mpNK9kBouRcI7KFDyXqo5jUPJH8PJbeE/PnFthEoecJryIKajRESCUbSS348pjhmVeXs2qDfcpjsHWSVeSRpQoj2of/WHimUxT5BJaozvuSkGOdUomOSzWj8zPKVsQkfctzShMTdBPo88I2dWGZJIafsSJHP190ZOY2OmcWgni4hm2SvE/zw/w+g6yEWSZsgTtvgoyiRBRYr7yVBozlBOLaFMC5uVsDHVlKFtqWZL8JZPXiXdi6bnNr37y0brpqyjCidwCufgwRW04A7a0AEGCp7hFd4cdF6cd+djMVpxyp1j+APn8weHGZFm</latexit><latexit sha1_base64="74mg33jYF/WPnqMSc/8gi8//P8o=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeiF48VbC2koWy2m3bpJht2X4QS+jO8eFDEq7/Gm//GTZuDtg4sDDPvsfMmTKUw6LrfTmVtfWNzq7pd29nd2z+oHx51jco04x2mpNK9kBouRcI7KFDyXqo5jUPJH8PJbeE/PnFthEoecJryIKajRESCUbSS348pjhmVeXs2qDfcpjsHWSVeSRpQoj2of/WHimUxT5BJaozvuSkGOdUomOSzWj8zPKVsQkfctzShMTdBPo88I2dWGZJIafsSJHP190ZOY2OmcWgni4hm2SvE/zw/w+g6yEWSZsgTtvgoyiRBRYr7yVBozlBOLaFMC5uVsDHVlKFtqWZL8JZPXiXdi6bnNr37y0brpqyjCidwCufgwRW04A7a0AEGCp7hFd4cdF6cd+djMVpxyp1j+APn8weHGZFm</latexit><latexit sha1_base64="74mg33jYF/WPnqMSc/8gi8//P8o=">AAAB8nicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeiF48VbC2koWy2m3bpJht2X4QS+jO8eFDEq7/Gm//GTZuDtg4sDDPvsfMmTKUw6LrfTmVtfWNzq7pd29nd2z+oHx51jco04x2mpNK9kBouRcI7KFDyXqo5jUPJH8PJbeE/PnFthEoecJryIKajRESCUbSS348pjhmVeXs2qDfcpjsHWSVeSRpQoj2of/WHimUxT5BJaozvuSkGOdUomOSzWj8zPKVsQkfctzShMTdBPo88I2dWGZJIafsSJHP190ZOY2OmcWgni4hm2SvE/zw/w+g6yEWSZsgTtvgoyiRBRYr7yVBozlBOLaFMC5uVsDHVlKFtqWZL8JZPXiXdi6bnNr37y0brpqyjCidwCufgwRW04A7a0AEGCp7hFd4cdF6cd+djMVpxyp1j+APn8weHGZFm</latexit>

aT C2z
k [001]

<latexit sha1_base64="2D2qA+wt2EEytE9nlvbfpoYRJGg=">AAACGXicbVC7TsMwFHV4lvIKMLJEVEhMlVMhwVjRhbFIfUlJFDmO01p1nMh2kEqU32DhV1gYQIgRJv4Gp80ALUeyfHzuvfK5J0gZlQrCb2NtfWNza7u2U9/d2z84NI+OBzLJBCZ9nLBEjAIkCaOc9BVVjIxSQVAcMDIMpp2yPrwnQtKE99QsJV6MxpxGFCOlJd+EbpCwUM5ifeWo8HM3RmqCEct7Hf1qPRSFmyKBGCPMgdD2fLMBm3AOa5XYFWmACl3f/HTDBGcx4QozJKVjw1R5ORKKYkaKuptJkiI8RWPiaMpRTKSXzzcrrHOthFaUCH24subq74kcxbI0rztL33K5Vor/1ZxMRddeTnmaKcLx4qMoY5ZKrDImK6SCYMVmmiAsqPZq4YnOASsdZl2HYC+vvEoGraYNm/bdZaN9U8VRA6fgDFwAG1yBNrgFXdAHGDyCZ/AK3own48V4Nz4WrWtGNXMC/sD4+gEUVqGI</latexit><latexit sha1_base64="2D2qA+wt2EEytE9nlvbfpoYRJGg=">AAACGXicbVC7TsMwFHV4lvIKMLJEVEhMlVMhwVjRhbFIfUlJFDmO01p1nMh2kEqU32DhV1gYQIgRJv4Gp80ALUeyfHzuvfK5J0gZlQrCb2NtfWNza7u2U9/d2z84NI+OBzLJBCZ9nLBEjAIkCaOc9BVVjIxSQVAcMDIMpp2yPrwnQtKE99QsJV6MxpxGFCOlJd+EbpCwUM5ifeWo8HM3RmqCEct7Hf1qPRSFmyKBGCPMgdD2fLMBm3AOa5XYFWmACl3f/HTDBGcx4QozJKVjw1R5ORKKYkaKuptJkiI8RWPiaMpRTKSXzzcrrHOthFaUCH24subq74kcxbI0rztL33K5Vor/1ZxMRddeTnmaKcLx4qMoY5ZKrDImK6SCYMVmmiAsqPZq4YnOASsdZl2HYC+vvEoGraYNm/bdZaN9U8VRA6fgDFwAG1yBNrgFXdAHGDyCZ/AK3own48V4Nz4WrWtGNXMC/sD4+gEUVqGI</latexit><latexit sha1_base64="2D2qA+wt2EEytE9nlvbfpoYRJGg=">AAACGXicbVC7TsMwFHV4lvIKMLJEVEhMlVMhwVjRhbFIfUlJFDmO01p1nMh2kEqU32DhV1gYQIgRJv4Gp80ALUeyfHzuvfK5J0gZlQrCb2NtfWNza7u2U9/d2z84NI+OBzLJBCZ9nLBEjAIkCaOc9BVVjIxSQVAcMDIMpp2yPrwnQtKE99QsJV6MxpxGFCOlJd+EbpCwUM5ifeWo8HM3RmqCEct7Hf1qPRSFmyKBGCPMgdD2fLMBm3AOa5XYFWmACl3f/HTDBGcx4QozJKVjw1R5ORKKYkaKuptJkiI8RWPiaMpRTKSXzzcrrHOthFaUCH24subq74kcxbI0rztL33K5Vor/1ZxMRddeTnmaKcLx4qMoY5ZKrDImK6SCYMVmmiAsqPZq4YnOASsdZl2HYC+vvEoGraYNm/bdZaN9U8VRA6fgDFwAG1yBNrgFXdAHGDyCZ/AK3own48V4Nz4WrWtGNXMC/sD4+gEUVqGI</latexit><latexit sha1_base64="2D2qA+wt2EEytE9nlvbfpoYRJGg=">AAACGXicbVC7TsMwFHV4lvIKMLJEVEhMlVMhwVjRhbFIfUlJFDmO01p1nMh2kEqU32DhV1gYQIgRJv4Gp80ALUeyfHzuvfK5J0gZlQrCb2NtfWNza7u2U9/d2z84NI+OBzLJBCZ9nLBEjAIkCaOc9BVVjIxSQVAcMDIMpp2yPrwnQtKE99QsJV6MxpxGFCOlJd+EbpCwUM5ifeWo8HM3RmqCEct7Hf1qPRSFmyKBGCPMgdD2fLMBm3AOa5XYFWmACl3f/HTDBGcx4QozJKVjw1R5ORKKYkaKuptJkiI8RWPiaMpRTKSXzzcrrHOthFaUCH24subq74kcxbI0rztL33K5Vor/1ZxMRddeTnmaKcLx4qMoY5ZKrDImK6SCYMVmmiAsqPZq4YnOASsdZl2HYC+vvEoGraYNm/bdZaN9U8VRA6fgDFwAG1yBNrgFXdAHGDyCZ/AK3own48V4Nz4WrWtGNXMC/sD4+gEUVqGI</latexit>

A
<latexit sha1_base64="BAeVOBC5ObWqGCFk52KlP7hcwRg=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPVi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOmXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasJrP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66gBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBkt2MxQ==</latexit><latexit sha1_base64="BAeVOBC5ObWqGCFk52KlP7hcwRg=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPVi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOmXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasJrP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66gBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBkt2MxQ==</latexit><latexit sha1_base64="BAeVOBC5ObWqGCFk52KlP7hcwRg=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPVi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOmXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasJrP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66gBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBkt2MxQ==</latexit><latexit sha1_base64="BAeVOBC5ObWqGCFk52KlP7hcwRg=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPVi8cW7Ae0oWy2k3btZhN2N0IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4bua3n1BpHssHM0nQj+hQ8pAzaqzUuOmXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasJrP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqt3kcRTiBUzgHD66gBvdQhyYwQHiGV3hzHp0X5935WLQWnHzmGP7A+fwBkt2MxQ==</latexit>

B
<latexit sha1_base64="omio59kvEVQ455XgB3RHdtTRWpI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GOpF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1FipWR+UK27VXYCsEy8nFcjRGJS/+sOYpRFKwwTVuue5ifEzqgxnAmelfqoxoWxCR9izVNIItZ8tDp2RC6sMSRgrW9KQhfp7IqOR1tMosJ0RNWO96s3F/7xeasJbP+MySQ1KtlwUpoKYmMy/JkOukBkxtYQyxe2thI2poszYbEo2BG/15XXSvqp6btVrXldq9TyOIpzBOVyCBzdQg3toQAsYIDzDK7w5j86L8+58LFsLTj5zCn/gfP4AlGGMxg==</latexit><latexit sha1_base64="omio59kvEVQ455XgB3RHdtTRWpI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GOpF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1FipWR+UK27VXYCsEy8nFcjRGJS/+sOYpRFKwwTVuue5ifEzqgxnAmelfqoxoWxCR9izVNIItZ8tDp2RC6sMSRgrW9KQhfp7IqOR1tMosJ0RNWO96s3F/7xeasJbP+MySQ1KtlwUpoKYmMy/JkOukBkxtYQyxe2thI2poszYbEo2BG/15XXSvqp6btVrXldq9TyOIpzBOVyCBzdQg3toQAsYIDzDK7w5j86L8+58LFsLTj5zCn/gfP4AlGGMxg==</latexit><latexit sha1_base64="omio59kvEVQ455XgB3RHdtTRWpI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GOpF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1FipWR+UK27VXYCsEy8nFcjRGJS/+sOYpRFKwwTVuue5ifEzqgxnAmelfqoxoWxCR9izVNIItZ8tDp2RC6sMSRgrW9KQhfp7IqOR1tMosJ0RNWO96s3F/7xeasJbP+MySQ1KtlwUpoKYmMy/JkOukBkxtYQyxe2thI2poszYbEo2BG/15XXSvqp6btVrXldq9TyOIpzBOVyCBzdQg3toQAsYIDzDK7w5j86L8+58LFsLTj5zCn/gfP4AlGGMxg==</latexit><latexit sha1_base64="omio59kvEVQ455XgB3RHdtTRWpI=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GOpF48t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ3dzvPKHSPJYPZpqgH9GR5CFn1FipWR+UK27VXYCsEy8nFcjRGJS/+sOYpRFKwwTVuue5ifEzqgxnAmelfqoxoWxCR9izVNIItZ8tDp2RC6sMSRgrW9KQhfp7IqOR1tMosJ0RNWO96s3F/7xeasJbP+MySQ1KtlwUpoKYmMy/JkOukBkxtYQyxe2thI2poszYbEo2BG/15XXSvqp6btVrXldq9TyOIpzBOVyCBzdQg3toQAsYIDzDK7w5j86L8+58LFsLTj5zCn/gfP4AlGGMxg==</latexit>

dAO
<latexit sha1_base64="wWUjSJeCMktlcv1wXJEylx2ZtuE=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6rXrxZwX5AG8Jmu2mXbjZhdyLWkF/ixYMiXv0p3vw3btsctPXBwOO9GWbmBYngGhzn2yqtrK6tb5Q3K1vbO7tVe2+/reNUUdaisYhVNyCaCS5ZCzgI1k0UI1EgWCcYX0/9zgNTmsfyHiYJ8yIylDzklICRfLvaB/YIQZgNcj+7vM19u+bUnRnwMnELUkMFmr791R/ENI2YBCqI1j3XScDLiAJOBcsr/VSzhNAxGbKeoZJETHvZ7PAcHxtlgMNYmZKAZ+rviYxEWk+iwHRGBEZ60ZuK/3m9FMILL+MySYFJOl8UpgJDjKcp4AFXjIKYGEKo4uZWTEdEEQomq4oJwV18eZm0T+uuU3fvzmqNqyKOMjpER+gEuegcNdANaqIWoihFz+gVvVlP1ov1bn3MW0tWMXOA/sD6/AE0fpNt</latexit><latexit sha1_base64="wWUjSJeCMktlcv1wXJEylx2ZtuE=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6rXrxZwX5AG8Jmu2mXbjZhdyLWkF/ixYMiXv0p3vw3btsctPXBwOO9GWbmBYngGhzn2yqtrK6tb5Q3K1vbO7tVe2+/reNUUdaisYhVNyCaCS5ZCzgI1k0UI1EgWCcYX0/9zgNTmsfyHiYJ8yIylDzklICRfLvaB/YIQZgNcj+7vM19u+bUnRnwMnELUkMFmr791R/ENI2YBCqI1j3XScDLiAJOBcsr/VSzhNAxGbKeoZJETHvZ7PAcHxtlgMNYmZKAZ+rviYxEWk+iwHRGBEZ60ZuK/3m9FMILL+MySYFJOl8UpgJDjKcp4AFXjIKYGEKo4uZWTEdEEQomq4oJwV18eZm0T+uuU3fvzmqNqyKOMjpER+gEuegcNdANaqIWoihFz+gVvVlP1ov1bn3MW0tWMXOA/sD6/AE0fpNt</latexit><latexit sha1_base64="wWUjSJeCMktlcv1wXJEylx2ZtuE=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6rXrxZwX5AG8Jmu2mXbjZhdyLWkF/ixYMiXv0p3vw3btsctPXBwOO9GWbmBYngGhzn2yqtrK6tb5Q3K1vbO7tVe2+/reNUUdaisYhVNyCaCS5ZCzgI1k0UI1EgWCcYX0/9zgNTmsfyHiYJ8yIylDzklICRfLvaB/YIQZgNcj+7vM19u+bUnRnwMnELUkMFmr791R/ENI2YBCqI1j3XScDLiAJOBcsr/VSzhNAxGbKeoZJETHvZ7PAcHxtlgMNYmZKAZ+rviYxEWk+iwHRGBEZ60ZuK/3m9FMILL+MySYFJOl8UpgJDjKcp4AFXjIKYGEKo4uZWTEdEEQomq4oJwV18eZm0T+uuU3fvzmqNqyKOMjpER+gEuegcNdANaqIWoihFz+gVvVlP1ov1bn3MW0tWMXOA/sD6/AE0fpNt</latexit><latexit sha1_base64="wWUjSJeCMktlcv1wXJEylx2ZtuE=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh6rXrxZwX5AG8Jmu2mXbjZhdyLWkF/ixYMiXv0p3vw3btsctPXBwOO9GWbmBYngGhzn2yqtrK6tb5Q3K1vbO7tVe2+/reNUUdaisYhVNyCaCS5ZCzgI1k0UI1EgWCcYX0/9zgNTmsfyHiYJ8yIylDzklICRfLvaB/YIQZgNcj+7vM19u+bUnRnwMnELUkMFmr791R/ENI2YBCqI1j3XScDLiAJOBcsr/VSzhNAxGbKeoZJETHvZ7PAcHxtlgMNYmZKAZ+rviYxEWk+iwHRGBEZ60ZuK/3m9FMILL+MySYFJOl8UpgJDjKcp4AFXjIKYGEKo4uZWTEdEEQomq4oJwV18eZm0T+uuU3fvzmqNqyKOMjpER+gEuegcNdANaqIWoihFz+gVvVlP1ov1bn3MW0tWMXOA/sD6/AE0fpNt</latexit>

dOB
<latexit sha1_base64="o+HIEtXVPtZFNSjUSanGF59gKD8=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh5LvXizgv2ANoTNdtMu3WzC7kSsIb/EiwdFvPpTvPlv3LY5aOuDgcd7M8zMCxLBNTjOt1VaW9/Y3CpvV3Z29/ar9sFhR8epoqxNYxGrXkA0E1yyNnAQrJcoRqJAsG4wuZ753QemNI/lPUwT5kVkJHnIKQEj+XZ1AOwRgjAb5n5228x9u+bUnTnwKnELUkMFWr79NRjGNI2YBCqI1n3XScDLiAJOBcsrg1SzhNAJGbG+oZJETHvZ/PAcnxpliMNYmZKA5+rviYxEWk+jwHRGBMZ62ZuJ/3n9FMIrL+MySYFJulgUpgJDjGcp4CFXjIKYGkKo4uZWTMdEEQomq4oJwV1+eZV0zuuuU3fvLmqNZhFHGR2jE3SGXHSJGugGtVAbUZSiZ/SK3qwn68V6tz4WrSWrmDlCf2B9/gA2EZNu</latexit><latexit sha1_base64="o+HIEtXVPtZFNSjUSanGF59gKD8=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh5LvXizgv2ANoTNdtMu3WzC7kSsIb/EiwdFvPpTvPlv3LY5aOuDgcd7M8zMCxLBNTjOt1VaW9/Y3CpvV3Z29/ar9sFhR8epoqxNYxGrXkA0E1yyNnAQrJcoRqJAsG4wuZ753QemNI/lPUwT5kVkJHnIKQEj+XZ1AOwRgjAb5n5228x9u+bUnTnwKnELUkMFWr79NRjGNI2YBCqI1n3XScDLiAJOBcsrg1SzhNAJGbG+oZJETHvZ/PAcnxpliMNYmZKA5+rviYxEWk+jwHRGBMZ62ZuJ/3n9FMIrL+MySYFJulgUpgJDjGcp4CFXjIKYGkKo4uZWTMdEEQomq4oJwV1+eZV0zuuuU3fvLmqNZhFHGR2jE3SGXHSJGugGtVAbUZSiZ/SK3qwn68V6tz4WrSWrmDlCf2B9/gA2EZNu</latexit><latexit sha1_base64="o+HIEtXVPtZFNSjUSanGF59gKD8=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh5LvXizgv2ANoTNdtMu3WzC7kSsIb/EiwdFvPpTvPlv3LY5aOuDgcd7M8zMCxLBNTjOt1VaW9/Y3CpvV3Z29/ar9sFhR8epoqxNYxGrXkA0E1yyNnAQrJcoRqJAsG4wuZ753QemNI/lPUwT5kVkJHnIKQEj+XZ1AOwRgjAb5n5228x9u+bUnTnwKnELUkMFWr79NRjGNI2YBCqI1n3XScDLiAJOBcsrg1SzhNAJGbG+oZJETHvZ/PAcnxpliMNYmZKA5+rviYxEWk+jwHRGBMZ62ZuJ/3n9FMIrL+MySYFJulgUpgJDjGcp4CFXjIKYGkKo4uZWTMdEEQomq4oJwV1+eZV0zuuuU3fvLmqNZhFHGR2jE3SGXHSJGugGtVAbUZSiZ/SK3qwn68V6tz4WrSWrmDlCf2B9/gA2EZNu</latexit><latexit sha1_base64="o+HIEtXVPtZFNSjUSanGF59gKD8=">AAAB+HicbVBNS8NAEN3Ur1o/GvXoZbEInkoigh5LvXizgv2ANoTNdtMu3WzC7kSsIb/EiwdFvPpTvPlv3LY5aOuDgcd7M8zMCxLBNTjOt1VaW9/Y3CpvV3Z29/ar9sFhR8epoqxNYxGrXkA0E1yyNnAQrJcoRqJAsG4wuZ753QemNI/lPUwT5kVkJHnIKQEj+XZ1AOwRgjAb5n5228x9u+bUnTnwKnELUkMFWr79NRjGNI2YBCqI1n3XScDLiAJOBcsrg1SzhNAJGbG+oZJETHvZ/PAcnxpliMNYmZKA5+rviYxEWk+jwHRGBMZ62ZuJ/3n9FMIrL+MySYFJulgUpgJDjGcp4CFXjIKYGkKo4uZWTMdEEQomq4oJwV1+eZV0zuuuU3fvLmqNZhFHGR2jE3SGXHSJGugGtVAbUZSiZ/SK3qwn68V6tz4WrSWrmDlCf2B9/gA2EZNu</latexit>
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<latexit sha1_base64="HzoIgQ9RIbmERjRBZGBmyRVHbIM=">AAAB+HicbVDLSsNAFL2pr1ofjbp0M1gEVyURQZdFN26ECvYBbQiT6aQdOpmEmYlQQ77EjQtF3Pop7vwbJ20W2npg4HDOvdwzJ0g4U9pxvq3K2vrG5lZ1u7azu7dftw8OuypOJaEdEvNY9gOsKGeCdjTTnPYTSXEUcNoLpjeF33ukUrFYPOhZQr0IjwULGcHaSL5dH0ZYTwjm2V3uZ7PctxtO05kDrRK3JA0o0fbtr+EoJmlEhSYcKzVwnUR7GZaaEU7z2jBVNMFkisd0YKjAEVVeNg+eo1OjjFAYS/OERnP190aGI6VmUWAmi5hq2SvE/7xBqsMrL2MiSTUVZHEoTDnSMSpaQCMmKdF8ZggmkpmsiEywxESbrmqmBHf5y6uke950naZ7f9FoXZd1VOEYTuAMXLiEFtxCGzpAIIVneIU368l6sd6tj8VoxSp3juAPrM8fYh+TjA==</latexit><latexit sha1_base64="HzoIgQ9RIbmERjRBZGBmyRVHbIM=">AAAB+HicbVDLSsNAFL2pr1ofjbp0M1gEVyURQZdFN26ECvYBbQiT6aQdOpmEmYlQQ77EjQtF3Pop7vwbJ20W2npg4HDOvdwzJ0g4U9pxvq3K2vrG5lZ1u7azu7dftw8OuypOJaEdEvNY9gOsKGeCdjTTnPYTSXEUcNoLpjeF33ukUrFYPOhZQr0IjwULGcHaSL5dH0ZYTwjm2V3uZ7PctxtO05kDrRK3JA0o0fbtr+EoJmlEhSYcKzVwnUR7GZaaEU7z2jBVNMFkisd0YKjAEVVeNg+eo1OjjFAYS/OERnP190aGI6VmUWAmi5hq2SvE/7xBqsMrL2MiSTUVZHEoTDnSMSpaQCMmKdF8ZggmkpmsiEywxESbrmqmBHf5y6uke950naZ7f9FoXZd1VOEYTuAMXLiEFtxCGzpAIIVneIU368l6sd6tj8VoxSp3juAPrM8fYh+TjA==</latexit><latexit sha1_base64="HzoIgQ9RIbmERjRBZGBmyRVHbIM=">AAAB+HicbVDLSsNAFL2pr1ofjbp0M1gEVyURQZdFN26ECvYBbQiT6aQdOpmEmYlQQ77EjQtF3Pop7vwbJ20W2npg4HDOvdwzJ0g4U9pxvq3K2vrG5lZ1u7azu7dftw8OuypOJaEdEvNY9gOsKGeCdjTTnPYTSXEUcNoLpjeF33ukUrFYPOhZQr0IjwULGcHaSL5dH0ZYTwjm2V3uZ7PctxtO05kDrRK3JA0o0fbtr+EoJmlEhSYcKzVwnUR7GZaaEU7z2jBVNMFkisd0YKjAEVVeNg+eo1OjjFAYS/OERnP190aGI6VmUWAmi5hq2SvE/7xBqsMrL2MiSTUVZHEoTDnSMSpaQCMmKdF8ZggmkpmsiEywxESbrmqmBHf5y6uke950naZ7f9FoXZd1VOEYTuAMXLiEFtxCGzpAIIVneIU368l6sd6tj8VoxSp3juAPrM8fYh+TjA==</latexit><latexit sha1_base64="HzoIgQ9RIbmERjRBZGBmyRVHbIM=">AAAB+HicbVDLSsNAFL2pr1ofjbp0M1gEVyURQZdFN26ECvYBbQiT6aQdOpmEmYlQQ77EjQtF3Pop7vwbJ20W2npg4HDOvdwzJ0g4U9pxvq3K2vrG5lZ1u7azu7dftw8OuypOJaEdEvNY9gOsKGeCdjTTnPYTSXEUcNoLpjeF33ukUrFYPOhZQr0IjwULGcHaSL5dH0ZYTwjm2V3uZ7PctxtO05kDrRK3JA0o0fbtr+EoJmlEhSYcKzVwnUR7GZaaEU7z2jBVNMFkisd0YKjAEVVeNg+eo1OjjFAYS/OERnP190aGI6VmUWAmi5hq2SvE/7xBqsMrL2MiSTUVZHEoTDnSMSpaQCMmKdF8ZggmkpmsiEywxESbrmqmBHf5y6uke950naZ7f9FoXZd1VOEYTuAMXLiEFtxCGzpAIIVneIU368l6sd6tj8VoxSp3juAPrM8fYh+TjA==</latexit>

| "i
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| #i
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2
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<latexit sha1_base64="V+8g76CJEZttNbz6gJV3PcbszuQ=">AAACF3icbVDLSgNBEJz1GeMr6tHLYhDiJewGQY+JXrwZwTwgG8PspDcZMvtgplcMy/6FF3/FiwdFvOrNv3GyyUETC4Ypqrrp7nIjwRVa1rextLyyurae28hvbm3v7Bb29psqjCWDBgtFKNsuVSB4AA3kKKAdSaC+K6Dlji4nfusepOJhcIvjCLo+HQTc44yilnqFsuOGoq/Gvv6cax8GtJc4CA/oeskoTUsZT5xaLb1LKulJr1C0ylYGc5HYM1IkM9R7hS+nH7LYhwCZoEp1bCvCbkIlciYgzTuxgoiyER1AR9OA+qC6SXZXah5rpW96odQvQDNTf3ck1FeT1XWlT3Go5r2J+J/XidE77yY8iGKEgE0HebEwMTQnIZl9LoGhGGtCmeR6V5MNqaQMdZR5HYI9f/IiaVbKtlW2b06L1YtZHDlySI5IidjkjFTJFamTBmHkkTyTV/JmPBkvxrvxMS1dMmY9B+QPjM8fkK6gwg==</latexit><latexit sha1_base64="V+8g76CJEZttNbz6gJV3PcbszuQ=">AAACF3icbVDLSgNBEJz1GeMr6tHLYhDiJewGQY+JXrwZwTwgG8PspDcZMvtgplcMy/6FF3/FiwdFvOrNv3GyyUETC4Ypqrrp7nIjwRVa1rextLyyurae28hvbm3v7Bb29psqjCWDBgtFKNsuVSB4AA3kKKAdSaC+K6Dlji4nfusepOJhcIvjCLo+HQTc44yilnqFsuOGoq/Gvv6cax8GtJc4CA/oeskoTUsZT5xaLb1LKulJr1C0ylYGc5HYM1IkM9R7hS+nH7LYhwCZoEp1bCvCbkIlciYgzTuxgoiyER1AR9OA+qC6SXZXah5rpW96odQvQDNTf3ck1FeT1XWlT3Go5r2J+J/XidE77yY8iGKEgE0HebEwMTQnIZl9LoGhGGtCmeR6V5MNqaQMdZR5HYI9f/IiaVbKtlW2b06L1YtZHDlySI5IidjkjFTJFamTBmHkkTyTV/JmPBkvxrvxMS1dMmY9B+QPjM8fkK6gwg==</latexit><latexit sha1_base64="V+8g76CJEZttNbz6gJV3PcbszuQ=">AAACF3icbVDLSgNBEJz1GeMr6tHLYhDiJewGQY+JXrwZwTwgG8PspDcZMvtgplcMy/6FF3/FiwdFvOrNv3GyyUETC4Ypqrrp7nIjwRVa1rextLyyurae28hvbm3v7Bb29psqjCWDBgtFKNsuVSB4AA3kKKAdSaC+K6Dlji4nfusepOJhcIvjCLo+HQTc44yilnqFsuOGoq/Gvv6cax8GtJc4CA/oeskoTUsZT5xaLb1LKulJr1C0ylYGc5HYM1IkM9R7hS+nH7LYhwCZoEp1bCvCbkIlciYgzTuxgoiyER1AR9OA+qC6SXZXah5rpW96odQvQDNTf3ck1FeT1XWlT3Go5r2J+J/XidE77yY8iGKEgE0HebEwMTQnIZl9LoGhGGtCmeR6V5MNqaQMdZR5HYI9f/IiaVbKtlW2b06L1YtZHDlySI5IidjkjFTJFamTBmHkkTyTV/JmPBkvxrvxMS1dMmY9B+QPjM8fkK6gwg==</latexit><latexit sha1_base64="V+8g76CJEZttNbz6gJV3PcbszuQ=">AAACF3icbVDLSgNBEJz1GeMr6tHLYhDiJewGQY+JXrwZwTwgG8PspDcZMvtgplcMy/6FF3/FiwdFvOrNv3GyyUETC4Ypqrrp7nIjwRVa1rextLyyurae28hvbm3v7Bb29psqjCWDBgtFKNsuVSB4AA3kKKAdSaC+K6Dlji4nfusepOJhcIvjCLo+HQTc44yilnqFsuOGoq/Gvv6cax8GtJc4CA/oeskoTUsZT5xaLb1LKulJr1C0ylYGc5HYM1IkM9R7hS+nH7LYhwCZoEp1bCvCbkIlciYgzTuxgoiyER1AR9OA+qC6SXZXah5rpW96odQvQDNTf3ck1FeT1XWlT3Go5r2J+J/XidE77yY8iGKEgE0HebEwMTQnIZl9LoGhGGtCmeR6V5MNqaQMdZR5HYI9f/IiaVbKtlW2b06L1YtZHDlySI5IidjkjFTJFamTBmHkkTyTV/JmPBkvxrvxMS1dMmY9B+QPjM8fkK6gwg==</latexit>

-

Figure 6: Crystal symmetry breaking, large spin split Fermi surface, and Berry curvature
in collinear antiferromagnet RuO2. (A) Collinear antiferromagnet with effective time-reversal
symmetry T t 1

2
. (B) Left: the unit cell of antiferromagnetic RuO2 with the Néel vector along the

[100]-axis and marked crystal symmetries. Right: detail of the generation of the local crystal chirality

by non-centrosymmetric oxygen atoms χ
(C)
AB ∼ dAO × dOB. (C) Antiferromagnetic Fermi surface cut

at wavevector kz = 0 calculated without spin-orbit coupling. The spin up and down projections are
coloured in red and blue. (D) Calculations with spin-orbit coupling of crystal momentum resolved
Berry curvature Ωy(kx, ky, 0) in atomic units.

From this perspective, the two-site collinear antiferromagnet, as shown in Fig. 6A, is trivial since
it cannot generate any Hall signal due to the TAF symmetry. However, by interlacing the magnetic
lattice by the non-magnetic atoms distributed at non-centrosymmetric positions, we can break the
TAF symmetry, as we show in Figs. 5D,E and in Fig. 6B on the rutile antiferromagnet RuO2. For
the collinear antiferromagnetism with quantization axis along the [100] direction, the system acquires
MSG Pn′n′m (Type-III), magnetic point group (MPG) m′m′m, and MLG 2′2′2. The symmetry
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generators are P, glide mirror plane Myt (t = (a2 ,
a
2 ,

c
2)) marked in Fig. 6B, and antiunitary rotation

T C2z and they do not change when we cant the perfectly antiparallel magnetic moments towards
the [010] direction. This illustrates the ferromagnetic nature of the symmetry groups even in a fully
compensated antiferromagnetic state with the Hall vector σ = (0, σxz, 0).

In Figs. 6C,D we illustrate the microscopic mechanism which generates a non-zero Berry curva-
ture with collinear antiferromagnetism. In the non-magnetic state, the bands are Kramers degenerate
due to the P and T symmetries [1] of the rutile crystal. When we introduce the collinear antiferro-
magnetic order, the distribution of oxygen atoms deforms the magnetization densities around the Ru
sublattices, as we show in Fig. 5E. The magnetization density explicitly illustrates breaking of the TAF

symmetry for a generic crystal momentum k. However, the effective symmetry comprising of rotating
the magnetization densities (oxygen octahedra) by 90 degrees around each Ru atom in combination
with half-unit cell translation enforces the two Ru atoms to be in the antiferromagnetic spin state. In
turn, the integrated even-in-magnetization quantities such as the density of states (DOS) when SOC
is switched-off remain perfectly compensated.

Remarkably, the energy bands are strongly spin-split for a generic k, even when the relativistic SOC
is switched-off in the density functional theory (DFT) calculation – see red/blue-coloured bands in
Fig. 6C. In contrast to the non-collinear antiferromagnets, spin is a good quantum number here in the
absence of SOC. When the relativistic corrections are switched on, the local non-cetrosymmetricity
also generates ASOC ∼ k × ∇V · s, which additionally lowers the symmetry. The resulting band
structure is locally spin-polarized, spin mixed, and generates the required asymmetry between left
and right moving electrons as can be seen on large Berry curvature hotspots around the additional
spin-splittings in Fermi surface bands shown in Fig. 6D. Note that the net moment generated by the
Dzyaloshinskii-Moriya interaction (DMI) is known to be a relativistic effect of a small magnitude [30].
In contrast, our calculations demonstrate that the spin-symmetry breaking is not a small correction
but a strong effect reflected in large magnitudes of the CHE.

We calculate the intrinsic Hall conductivity (independent of disorder-scattering) by integrating the
Berry curvature, Ω(k) = −Im〈∂ku(k)| × |∂ku(k)〉, in the crystal momentum space (see Methods). In
Fig. S3 we show that the non-vanishing integral component

∫
dkxΩy(k) is even in ky as we expect

from the symmetry analysis, while the My, P and T C2z symmetries imply that
∫
dkxΩx(k) = 0, and

My, and T C2zMy yield
∫
dkzΩz(k) = 0. We obtain σxz = 35.7 Scm−1, demonstrating a large crystal

Hall conductivity in stoichiometric RuO2. The DFT calculations of the CHE are extensively discussed
below.

3.3 Crystal chirality control of the Hall conductivity

We now demonstrate the possibility to control the Hall conductivity sign by swapping the crystal
chirality. In Figs. 7A, B we show the RuO2 crystal with the two possible distributions of the oxygen
atoms corresponding to the opposite crystal chiralities χ(C) = ±1. While the MSG is the same in
both cases, the local magnetization densities, obtained from the DFT calculations, are rotated by 90
degrees [31]. In Fig. 7C we plot the energy bands corresponding to the crystal in Fig. 7A. The red
and blue arrows mark spin up and down projection for the bands calculated without SOC. When we
include the SOC we obtain additional splittings of the bands and large Berry curvature, as we show in
Figs. 6D and 7D. The red and blue colours correspond to the opposite local chirality crystals shown
in Figs. 7A, B.

The flipping of the sign of CHE σxz with the Néel vector reversal is consistent with the Onsager
relations. The two crystals in Figs. 7A, B can be mapped on each other by the T operation combined
with a half-unit cell translation and this symmetry ensures the same magnitude, while opposite sign,
of σxz for the two crystal chiralities.
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D

mx(r)(µB)
<latexit sha1_base64="fSpzZRhCAU1vAjyPpBtjV/9jYfw=">AAACBHicbVDLSsNAFJ3UV62vqMtuBovQbkoigi5L3bisYB/QljCZTtqhM0mYuZGWkIUbf8WNC0Xc+hHu/Bunj4W2HrhwOOde7r3HjwXX4DjfVm5jc2t7J79b2Ns/ODyyj09aOkoUZU0aiUh1fKKZ4CFrAgfBOrFiRPqCtf3xzcxvPzCleRTewzRmfUmGIQ84JWAkzy5KL51k5R6wCfhBqrIKLvdk4qX1rOLZJafqzIHXibskJbREw7O/eoOIJpKFQAXRuus6MfRTooBTwbJCL9EsJnRMhqxraEgk0/10/kSGz40ywEGkTIWA5+rviZRIrafSN52SwEivejPxP6+bQHDdT3kYJ8BCulgUJAJDhGeJ4AFXjIKYGkKo4uZWTEdEEQomt4IJwV19eZ20LqquU3XvLku1+jKOPCqiM1RGLrpCNXSLGqiJKHpEz+gVvVlP1ov1bn0sWnPWcuYU/YH1+QNbWJfh</latexit><latexit sha1_base64="fSpzZRhCAU1vAjyPpBtjV/9jYfw=">AAACBHicbVDLSsNAFJ3UV62vqMtuBovQbkoigi5L3bisYB/QljCZTtqhM0mYuZGWkIUbf8WNC0Xc+hHu/Bunj4W2HrhwOOde7r3HjwXX4DjfVm5jc2t7J79b2Ns/ODyyj09aOkoUZU0aiUh1fKKZ4CFrAgfBOrFiRPqCtf3xzcxvPzCleRTewzRmfUmGIQ84JWAkzy5KL51k5R6wCfhBqrIKLvdk4qX1rOLZJafqzIHXibskJbREw7O/eoOIJpKFQAXRuus6MfRTooBTwbJCL9EsJnRMhqxraEgk0/10/kSGz40ywEGkTIWA5+rviZRIrafSN52SwEivejPxP6+bQHDdT3kYJ8BCulgUJAJDhGeJ4AFXjIKYGkKo4uZWTEdEEQomt4IJwV19eZ20LqquU3XvLku1+jKOPCqiM1RGLrpCNXSLGqiJKHpEz+gVvVlP1ov1bn0sWnPWcuYU/YH1+QNbWJfh</latexit><latexit sha1_base64="fSpzZRhCAU1vAjyPpBtjV/9jYfw=">AAACBHicbVDLSsNAFJ3UV62vqMtuBovQbkoigi5L3bisYB/QljCZTtqhM0mYuZGWkIUbf8WNC0Xc+hHu/Bunj4W2HrhwOOde7r3HjwXX4DjfVm5jc2t7J79b2Ns/ODyyj09aOkoUZU0aiUh1fKKZ4CFrAgfBOrFiRPqCtf3xzcxvPzCleRTewzRmfUmGIQ84JWAkzy5KL51k5R6wCfhBqrIKLvdk4qX1rOLZJafqzIHXibskJbREw7O/eoOIJpKFQAXRuus6MfRTooBTwbJCL9EsJnRMhqxraEgk0/10/kSGz40ywEGkTIWA5+rviZRIrafSN52SwEivejPxP6+bQHDdT3kYJ8BCulgUJAJDhGeJ4AFXjIKYGkKo4uZWTEdEEQomt4IJwV19eZ20LqquU3XvLku1+jKOPCqiM1RGLrpCNXSLGqiJKHpEz+gVvVlP1ov1bn0sWnPWcuYU/YH1+QNbWJfh</latexit><latexit sha1_base64="fSpzZRhCAU1vAjyPpBtjV/9jYfw=">AAACBHicbVDLSsNAFJ3UV62vqMtuBovQbkoigi5L3bisYB/QljCZTtqhM0mYuZGWkIUbf8WNC0Xc+hHu/Bunj4W2HrhwOOde7r3HjwXX4DjfVm5jc2t7J79b2Ns/ODyyj09aOkoUZU0aiUh1fKKZ4CFrAgfBOrFiRPqCtf3xzcxvPzCleRTewzRmfUmGIQ84JWAkzy5KL51k5R6wCfhBqrIKLvdk4qX1rOLZJafqzIHXibskJbREw7O/eoOIJpKFQAXRuus6MfRTooBTwbJCL9EsJnRMhqxraEgk0/10/kSGz40ywEGkTIWA5+rviZRIrafSN52SwEivejPxP6+bQHDdT3kYJ8BCulgUJAJDhGeJ4AFXjIKYGkKo4uZWTEdEEQomt4IJwV19eZ20LqquU3XvLku1+jKOPCqiM1RGLrpCNXSLGqiJKHpEz+gVvVlP1ov1bn0sWnPWcuYU/YH1+QNbWJfh</latexit>

�⌦y
<latexit sha1_base64="AVfgi+qxjfrjXbD/UBoZYrUFvYk=">AAAB/3icbVDNS8MwHE3n15xfVcGLl+AQvDhaEfQ49OLNCe4D1lLSNN3CkqYkqTDqDv4rXjwo4tV/w5v/jenWg24+CHm89/uRlxemjCrtON9WZWl5ZXWtul7b2Nza3rF39zpKZBKTNhZMyF6IFGE0IW1NNSO9VBLEQ0a64ei68LsPRCoqkns9TonP0SChMcVIGymwD069ULBIjbm5vFtOBijIx5PArjsNZwq4SNyS1EGJVmB/eZHAGSeJxgwp1XedVPs5kppiRiY1L1MkRXiEBqRvaII4UX4+zT+Bx0aJYCykOYmGU/X3Ro64KhKaSY70UM17hfif1890fOnnNEkzTRI8eyjOGNQCFmXAiEqCNRsbgrCkJivEQyQR1qayminBnf/yIumcNVyn4d6d15tXZR1VcAiOwAlwwQVoghvQAm2AwSN4Bq/gzXqyXqx362M2WrHKnX3wB9bnD24Mllw=</latexit><latexit sha1_base64="AVfgi+qxjfrjXbD/UBoZYrUFvYk=">AAAB/3icbVDNS8MwHE3n15xfVcGLl+AQvDhaEfQ49OLNCe4D1lLSNN3CkqYkqTDqDv4rXjwo4tV/w5v/jenWg24+CHm89/uRlxemjCrtON9WZWl5ZXWtul7b2Nza3rF39zpKZBKTNhZMyF6IFGE0IW1NNSO9VBLEQ0a64ei68LsPRCoqkns9TonP0SChMcVIGymwD069ULBIjbm5vFtOBijIx5PArjsNZwq4SNyS1EGJVmB/eZHAGSeJxgwp1XedVPs5kppiRiY1L1MkRXiEBqRvaII4UX4+zT+Bx0aJYCykOYmGU/X3Ro64KhKaSY70UM17hfif1890fOnnNEkzTRI8eyjOGNQCFmXAiEqCNRsbgrCkJivEQyQR1qayminBnf/yIumcNVyn4d6d15tXZR1VcAiOwAlwwQVoghvQAm2AwSN4Bq/gzXqyXqx362M2WrHKnX3wB9bnD24Mllw=</latexit><latexit sha1_base64="AVfgi+qxjfrjXbD/UBoZYrUFvYk=">AAAB/3icbVDNS8MwHE3n15xfVcGLl+AQvDhaEfQ49OLNCe4D1lLSNN3CkqYkqTDqDv4rXjwo4tV/w5v/jenWg24+CHm89/uRlxemjCrtON9WZWl5ZXWtul7b2Nza3rF39zpKZBKTNhZMyF6IFGE0IW1NNSO9VBLEQ0a64ei68LsPRCoqkns9TonP0SChMcVIGymwD069ULBIjbm5vFtOBijIx5PArjsNZwq4SNyS1EGJVmB/eZHAGSeJxgwp1XedVPs5kppiRiY1L1MkRXiEBqRvaII4UX4+zT+Bx0aJYCykOYmGU/X3Ro64KhKaSY70UM17hfif1890fOnnNEkzTRI8eyjOGNQCFmXAiEqCNRsbgrCkJivEQyQR1qayminBnf/yIumcNVyn4d6d15tXZR1VcAiOwAlwwQVoghvQAm2AwSN4Bq/gzXqyXqx362M2WrHKnX3wB9bnD24Mllw=</latexit><latexit sha1_base64="AVfgi+qxjfrjXbD/UBoZYrUFvYk=">AAAB/3icbVDNS8MwHE3n15xfVcGLl+AQvDhaEfQ49OLNCe4D1lLSNN3CkqYkqTDqDv4rXjwo4tV/w5v/jenWg24+CHm89/uRlxemjCrtON9WZWl5ZXWtul7b2Nza3rF39zpKZBKTNhZMyF6IFGE0IW1NNSO9VBLEQ0a64ei68LsPRCoqkns9TonP0SChMcVIGymwD069ULBIjbm5vFtOBijIx5PArjsNZwq4SNyS1EGJVmB/eZHAGSeJxgwp1XedVPs5kppiRiY1L1MkRXiEBqRvaII4UX4+zT+Bx0aJYCykOYmGU/X3Ro64KhKaSY70UM17hfif1890fOnnNEkzTRI8eyjOGNQCFmXAiEqCNRsbgrCkJivEQyQR1qayminBnf/yIumcNVyn4d6d15tXZR1VcAiOwAlwwQVoghvQAm2AwSN4Bq/gzXqyXqx362M2WrHKnX3wB9bnD24Mllw=</latexit>

�(C) = +1
<latexit sha1_base64="ZfxzV71UMQOvo3djz1m3u/4Wb7s=">AAAB9HicbVBNSwMxEJ31s9avqkcvwSJUhLIrgl6EYi8eK9gPaNeSTbNtaJJdk2yhLP0dXjwo4tUf481/Y9ruQVsfDDzem2FmXhBzpo3rfjsrq2vrG5u5rfz2zu7efuHgsKGjRBFaJxGPVCvAmnImad0ww2krVhSLgNNmMKxO/eaIKs0i+WDGMfUF7ksWMoKNlfwOGbDHtFQ9m9yce91C0S27M6Bl4mWkCBlq3cJXpxeRRFBpCMdatz03Nn6KlWGE00m+k2gaYzLEfdq2VGJBtZ/Ojp6gU6v0UBgpW9Kgmfp7IsVC67EIbKfAZqAXvan4n9dOTHjtp0zGiaGSzBeFCUcmQtMEUI8pSgwfW4KJYvZWRAZYYWJsTnkbgrf48jJpXJQ9t+zdXxYrt1kcOTiGEyiBB1dQgTuoQR0IPMEzvMKbM3JenHfnY9664mQzR/AHzucPNG+RDw==</latexit><latexit sha1_base64="ZfxzV71UMQOvo3djz1m3u/4Wb7s=">AAAB9HicbVBNSwMxEJ31s9avqkcvwSJUhLIrgl6EYi8eK9gPaNeSTbNtaJJdk2yhLP0dXjwo4tUf481/Y9ruQVsfDDzem2FmXhBzpo3rfjsrq2vrG5u5rfz2zu7efuHgsKGjRBFaJxGPVCvAmnImad0ww2krVhSLgNNmMKxO/eaIKs0i+WDGMfUF7ksWMoKNlfwOGbDHtFQ9m9yce91C0S27M6Bl4mWkCBlq3cJXpxeRRFBpCMdatz03Nn6KlWGE00m+k2gaYzLEfdq2VGJBtZ/Ojp6gU6v0UBgpW9Kgmfp7IsVC67EIbKfAZqAXvan4n9dOTHjtp0zGiaGSzBeFCUcmQtMEUI8pSgwfW4KJYvZWRAZYYWJsTnkbgrf48jJpXJQ9t+zdXxYrt1kcOTiGEyiBB1dQgTuoQR0IPMEzvMKbM3JenHfnY9664mQzR/AHzucPNG+RDw==</latexit><latexit sha1_base64="ZfxzV71UMQOvo3djz1m3u/4Wb7s=">AAAB9HicbVBNSwMxEJ31s9avqkcvwSJUhLIrgl6EYi8eK9gPaNeSTbNtaJJdk2yhLP0dXjwo4tUf481/Y9ruQVsfDDzem2FmXhBzpo3rfjsrq2vrG5u5rfz2zu7efuHgsKGjRBFaJxGPVCvAmnImad0ww2krVhSLgNNmMKxO/eaIKs0i+WDGMfUF7ksWMoKNlfwOGbDHtFQ9m9yce91C0S27M6Bl4mWkCBlq3cJXpxeRRFBpCMdatz03Nn6KlWGE00m+k2gaYzLEfdq2VGJBtZ/Ojp6gU6v0UBgpW9Kgmfp7IsVC67EIbKfAZqAXvan4n9dOTHjtp0zGiaGSzBeFCUcmQtMEUI8pSgwfW4KJYvZWRAZYYWJsTnkbgrf48jJpXJQ9t+zdXxYrt1kcOTiGEyiBB1dQgTuoQR0IPMEzvMKbM3JenHfnY9664mQzR/AHzucPNG+RDw==</latexit><latexit sha1_base64="ZfxzV71UMQOvo3djz1m3u/4Wb7s=">AAAB9HicbVBNSwMxEJ31s9avqkcvwSJUhLIrgl6EYi8eK9gPaNeSTbNtaJJdk2yhLP0dXjwo4tUf481/Y9ruQVsfDDzem2FmXhBzpo3rfjsrq2vrG5u5rfz2zu7efuHgsKGjRBFaJxGPVCvAmnImad0ww2krVhSLgNNmMKxO/eaIKs0i+WDGMfUF7ksWMoKNlfwOGbDHtFQ9m9yce91C0S27M6Bl4mWkCBlq3cJXpxeRRFBpCMdatz03Nn6KlWGE00m+k2gaYzLEfdq2VGJBtZ/Ojp6gU6v0UBgpW9Kgmfp7IsVC67EIbKfAZqAXvan4n9dOTHjtp0zGiaGSzBeFCUcmQtMEUI8pSgwfW4KJYvZWRAZYYWJsTnkbgrf48jJpXJQ9t+zdXxYrt1kcOTiGEyiBB1dQgTuoQR0IPMEzvMKbM3JenHfnY9664mQzR/AHzucPNG+RDw==</latexit>

T t 1
2

<latexit sha1_base64="p8jBCblRWgTDkCnC+AfHbZZWSxA=">AAACDHicbVDLSsNAFJ3UV62vqks3wSK4KkkRdFl047JCX9CEMplO2qGTSZi5EcuQD3Djr7hxoYhbP8Cdf+OkzUJbDwwczjmXufcECWcKHOfbKq2tb2xulbcrO7t7+wfVw6OuilNJaIfEPJb9ACvKmaAdYMBpP5EURwGnvWB6k/u9eyoVi0UbZgn1IzwWLGQEg5GG1ZoXYZgQzHU784A+QBBqyIbaCyUm2s10I8tMyqk7c9irxC1IDRVoDatf3igmaUQFEI6VGrhOAr7GEhjhNKt4qaIJJlM8pgNDBY6o8vX8mMw+M8rIDmNpngB7rv6e0DhSahYFJpmvrpa9XPzPG6QQXvmaiSQFKsjiozDlNsR23ow9YpIS4DNDMJHM7GqTCTY1gOmvYkpwl09eJd1G3XXq7t1FrXld1FFGJ+gUnSMXXaImukUt1EEEPaJn9IrerCfrxXq3PhbRklXMHKM/sD5/AHxOnII=</latexit><latexit sha1_base64="p8jBCblRWgTDkCnC+AfHbZZWSxA=">AAACDHicbVDLSsNAFJ3UV62vqks3wSK4KkkRdFl047JCX9CEMplO2qGTSZi5EcuQD3Djr7hxoYhbP8Cdf+OkzUJbDwwczjmXufcECWcKHOfbKq2tb2xulbcrO7t7+wfVw6OuilNJaIfEPJb9ACvKmaAdYMBpP5EURwGnvWB6k/u9eyoVi0UbZgn1IzwWLGQEg5GG1ZoXYZgQzHU784A+QBBqyIbaCyUm2s10I8tMyqk7c9irxC1IDRVoDatf3igmaUQFEI6VGrhOAr7GEhjhNKt4qaIJJlM8pgNDBY6o8vX8mMw+M8rIDmNpngB7rv6e0DhSahYFJpmvrpa9XPzPG6QQXvmaiSQFKsjiozDlNsR23ow9YpIS4DNDMJHM7GqTCTY1gOmvYkpwl09eJd1G3XXq7t1FrXld1FFGJ+gUnSMXXaImukUt1EEEPaJn9IrerCfrxXq3PhbRklXMHKM/sD5/AHxOnII=</latexit><latexit sha1_base64="p8jBCblRWgTDkCnC+AfHbZZWSxA=">AAACDHicbVDLSsNAFJ3UV62vqks3wSK4KkkRdFl047JCX9CEMplO2qGTSZi5EcuQD3Djr7hxoYhbP8Cdf+OkzUJbDwwczjmXufcECWcKHOfbKq2tb2xulbcrO7t7+wfVw6OuilNJaIfEPJb9ACvKmaAdYMBpP5EURwGnvWB6k/u9eyoVi0UbZgn1IzwWLGQEg5GG1ZoXYZgQzHU784A+QBBqyIbaCyUm2s10I8tMyqk7c9irxC1IDRVoDatf3igmaUQFEI6VGrhOAr7GEhjhNKt4qaIJJlM8pgNDBY6o8vX8mMw+M8rIDmNpngB7rv6e0DhSahYFJpmvrpa9XPzPG6QQXvmaiSQFKsjiozDlNsR23ow9YpIS4DNDMJHM7GqTCTY1gOmvYkpwl09eJd1G3XXq7t1FrXld1FFGJ+gUnSMXXaImukUt1EEEPaJn9IrerCfrxXq3PhbRklXMHKM/sD5/AHxOnII=</latexit><latexit sha1_base64="p8jBCblRWgTDkCnC+AfHbZZWSxA=">AAACDHicbVDLSsNAFJ3UV62vqks3wSK4KkkRdFl047JCX9CEMplO2qGTSZi5EcuQD3Djr7hxoYhbP8Cdf+OkzUJbDwwczjmXufcECWcKHOfbKq2tb2xulbcrO7t7+wfVw6OuilNJaIfEPJb9ACvKmaAdYMBpP5EURwGnvWB6k/u9eyoVi0UbZgn1IzwWLGQEg5GG1ZoXYZgQzHU784A+QBBqyIbaCyUm2s10I8tMyqk7c9irxC1IDRVoDatf3igmaUQFEI6VGrhOAr7GEhjhNKt4qaIJJlM8pgNDBY6o8vX8mMw+M8rIDmNpngB7rv6e0DhSahYFJpmvrpa9XPzPG6QQXvmaiSQFKsjiozDlNsR23ow9YpIS4DNDMJHM7GqTCTY1gOmvYkpwl09eJd1G3XXq7t1FrXld1FFGJ+gUnSMXXaImukUt1EEEPaJn9IrerCfrxXq3PhbRklXMHKM/sD5/AHxOnII=</latexit>

+0.02
<latexit sha1_base64="/3O08LER05lFEwecUeLpkkrX5Ig=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSIIQkmKoMeiF48VTFtoQ9lsJ+3SzSbsboQS+hu8eFDEqz/Im//GbZuDtj5Y9vHeDDPzwlRwbVz321lb39jc2i7tlHf39g8OK0fHLZ1kiqHPEpGoTkg1Ci7RN9wI7KQKaRwKbIfju5nffkKleSIfzSTFIKZDySPOqLGSf+nW3Hq/UrXfHGSVeAWpQoFmv/LVGyQsi1EaJqjWXc9NTZBTZTgTOC33Mo0pZWM6xK6lksaog3y+7JScW2VAokTZJw2Zq787chprPYlDWxlTM9LL3kz8z+tmJroJci7TzKBki0FRJohJyOxyMuAKmRETSyhT3O5K2IgqyozNp2xD8JZPXiWtes1za97DVbVxW8RRglM4gwvw4BoacA9N8IEBh2d4hTdHOi/Ou/OxKF1zip4T+APn8wcqB42X</latexit><latexit sha1_base64="/3O08LER05lFEwecUeLpkkrX5Ig=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSIIQkmKoMeiF48VTFtoQ9lsJ+3SzSbsboQS+hu8eFDEqz/Im//GbZuDtj5Y9vHeDDPzwlRwbVz321lb39jc2i7tlHf39g8OK0fHLZ1kiqHPEpGoTkg1Ci7RN9wI7KQKaRwKbIfju5nffkKleSIfzSTFIKZDySPOqLGSf+nW3Hq/UrXfHGSVeAWpQoFmv/LVGyQsi1EaJqjWXc9NTZBTZTgTOC33Mo0pZWM6xK6lksaog3y+7JScW2VAokTZJw2Zq787chprPYlDWxlTM9LL3kz8z+tmJroJci7TzKBki0FRJohJyOxyMuAKmRETSyhT3O5K2IgqyozNp2xD8JZPXiWtes1za97DVbVxW8RRglM4gwvw4BoacA9N8IEBh2d4hTdHOi/Ou/OxKF1zip4T+APn8wcqB42X</latexit><latexit sha1_base64="/3O08LER05lFEwecUeLpkkrX5Ig=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSIIQkmKoMeiF48VTFtoQ9lsJ+3SzSbsboQS+hu8eFDEqz/Im//GbZuDtj5Y9vHeDDPzwlRwbVz321lb39jc2i7tlHf39g8OK0fHLZ1kiqHPEpGoTkg1Ci7RN9wI7KQKaRwKbIfju5nffkKleSIfzSTFIKZDySPOqLGSf+nW3Hq/UrXfHGSVeAWpQoFmv/LVGyQsi1EaJqjWXc9NTZBTZTgTOC33Mo0pZWM6xK6lksaog3y+7JScW2VAokTZJw2Zq787chprPYlDWxlTM9LL3kz8z+tmJroJci7TzKBki0FRJohJyOxyMuAKmRETSyhT3O5K2IgqyozNp2xD8JZPXiWtes1za97DVbVxW8RRglM4gwvw4BoacA9N8IEBh2d4hTdHOi/Ou/OxKF1zip4T+APn8wcqB42X</latexit><latexit sha1_base64="/3O08LER05lFEwecUeLpkkrX5Ig=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSIIQkmKoMeiF48VTFtoQ9lsJ+3SzSbsboQS+hu8eFDEqz/Im//GbZuDtj5Y9vHeDDPzwlRwbVz321lb39jc2i7tlHf39g8OK0fHLZ1kiqHPEpGoTkg1Ci7RN9wI7KQKaRwKbIfju5nffkKleSIfzSTFIKZDySPOqLGSf+nW3Hq/UrXfHGSVeAWpQoFmv/LVGyQsi1EaJqjWXc9NTZBTZTgTOC33Mo0pZWM6xK6lksaog3y+7JScW2VAokTZJw2Zq787chprPYlDWxlTM9LL3kz8z+tmJroJci7TzKBki0FRJohJyOxyMuAKmRETSyhT3O5K2IgqyozNp2xD8JZPXiWtes1za97DVbVxW8RRglM4gwvw4BoacA9N8IEBh2d4hTdHOi/Ou/OxKF1zip4T+APn8wcqB42X</latexit>

�0.02
<latexit sha1_base64="EDIdgF5+t7tGzoK9k19CzVskHHQ=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4sSRF0GPRi8cKpi20oWy2k3bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8s+3hvhpl5YSq4Nq777aytb2xubZd2yrt7+weHlaPjlk4yxdBniUhUJ6QaBZfoG24EdlKFNA4FtsPx3cxvP6HSPJGPZpJiENOh5BFn1FjJv3Rrbr1fqdpvDrJKvIJUoUCzX/nqDRKWxSgNE1TrruemJsipMpwJnJZ7mcaUsjEdYtdSSWPUQT5fdkrOrTIgUaLsk4bM1d8dOY21nsShrYypGellbyb+53UzE90EOZdpZlCyxaAoE8QkZHY5GXCFzIiJJZQpbnclbEQVZcbmU7YheMsnr5JWvea5Ne/hqtq4LeIowSmcwQV4cA0NuIcm+MCAwzO8wpsjnRfn3flYlK45Rc8J/IHz+QMtF42Z</latexit><latexit sha1_base64="EDIdgF5+t7tGzoK9k19CzVskHHQ=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4sSRF0GPRi8cKpi20oWy2k3bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8s+3hvhpl5YSq4Nq777aytb2xubZd2yrt7+weHlaPjlk4yxdBniUhUJ6QaBZfoG24EdlKFNA4FtsPx3cxvP6HSPJGPZpJiENOh5BFn1FjJv3Rrbr1fqdpvDrJKvIJUoUCzX/nqDRKWxSgNE1TrruemJsipMpwJnJZ7mcaUsjEdYtdSSWPUQT5fdkrOrTIgUaLsk4bM1d8dOY21nsShrYypGellbyb+53UzE90EOZdpZlCyxaAoE8QkZHY5GXCFzIiJJZQpbnclbEQVZcbmU7YheMsnr5JWvea5Ne/hqtq4LeIowSmcwQV4cA0NuIcm+MCAwzO8wpsjnRfn3flYlK45Rc8J/IHz+QMtF42Z</latexit><latexit sha1_base64="EDIdgF5+t7tGzoK9k19CzVskHHQ=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4sSRF0GPRi8cKpi20oWy2k3bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8s+3hvhpl5YSq4Nq777aytb2xubZd2yrt7+weHlaPjlk4yxdBniUhUJ6QaBZfoG24EdlKFNA4FtsPx3cxvP6HSPJGPZpJiENOh5BFn1FjJv3Rrbr1fqdpvDrJKvIJUoUCzX/nqDRKWxSgNE1TrruemJsipMpwJnJZ7mcaUsjEdYtdSSWPUQT5fdkrOrTIgUaLsk4bM1d8dOY21nsShrYypGellbyb+53UzE90EOZdpZlCyxaAoE8QkZHY5GXCFzIiJJZQpbnclbEQVZcbmU7YheMsnr5JWvea5Ne/hqtq4LeIowSmcwQV4cA0NuIcm+MCAwzO8wpsjnRfn3flYlK45Rc8J/IHz+QMtF42Z</latexit><latexit sha1_base64="EDIdgF5+t7tGzoK9k19CzVskHHQ=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4sSRF0GPRi8cKpi20oWy2k3bpZhN2N0IJ/Q1ePCji1R/kzX/jts1BWx8s+3hvhpl5YSq4Nq777aytb2xubZd2yrt7+weHlaPjlk4yxdBniUhUJ6QaBZfoG24EdlKFNA4FtsPx3cxvP6HSPJGPZpJiENOh5BFn1FjJv3Rrbr1fqdpvDrJKvIJUoUCzX/nqDRKWxSgNE1TrruemJsipMpwJnJZ7mcaUsjEdYtdSSWPUQT5fdkrOrTIgUaLsk4bM1d8dOY21nsShrYypGellbyb+53UzE90EOZdpZlCyxaAoE8QkZHY5GXCFzIiJJZQpbnclbEQVZcbmU7YheMsnr5JWvea5Ne/hqtq4LeIowSmcwQV4cA0NuIcm+MCAwzO8wpsjnRfn3flYlK45Rc8J/IHz+QMtF42Z</latexit>

Figure 7: Crystal chirality control of Hall conductivity sign. (A), (B) View along the
tetragonal crystal axis on the RuO2 crystal with two possible configurations of non-magnetic oxygen
atoms. Redistribution of the oxygen atoms does not change the magnetic symmetry of the crystal,
however, it changes the local crystal chirality orientation χ(C) and rotates by 90◦ the shape of the
magnetization density isosurfaces. (C) Calculated energy bands in the RuO2 antiferromagnet without
spin-orbit coupling (red and blue bands correspond to the opposite spin-projections), and with spin-
orbit coupling (black bands). (D) The largest contribution to the Berry curvature Ω originates from
the spin-split bands by the spin-orbit coupling. The red and blue colour corresponds to the two
opposite crystal chiralities χ(C) and demonstrates the expected Berry curvature sign change (compare
to panels (A) and (B)).

3.4 Crystal Hall phenomenology in RuO2, CoNb3S6, and other collinear antifer-
romagnets

In Fig. 8A we identify a sizable CHE conductivity in the room temperature collinear antiferromagnet
RuO2 by our first-principle calculations. Note that among the rutile antiferromagnets, a metallic phase
is rare which makes the recently discovered [32, 33] itinerant antiferromagnetism in RuO2 exceptional
within this family of simple collinear antiferromagnets. Our DFT calculations show that for a medium
strength Hubbard parameter (U ∼ 1−3 eV), antiferromagnetism and metallic density of states (DOS)
coexist, consistent with previous reports [32, 33]. We set in all plots in the main text U ∼ 2 eV, which
reproduces best the experimental antiferromagnetic moments.

When turning the sizable SOC off in our DFT calculation, we observe a perfect antiferromagnetic
compensation in the Ru-projected DOS. With the large atomic SOC turned on, only minute corrections
to the DOS occur, as shown in Fig. 8B. They result in a small net magnetic moment, m = mA+mB, of
a magnitude ∼ 0.05 µB due to the DMI [30]. Here mA/B are magnetizations of the antiferromagnetic
A and B sublattices. In comparison, the Néel vector n = (mA −mB)/2 has a magnitude ∼ 1.17 µB.

To gain further insight, we calculate the dependence of the CHE for n ‖ [100] on the canting angle
between magnetizations of sublattices A and B, see Fig. 8A. Furthermore, we separate in Fig. 8A σxz
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ASPIN Work package 3 Deliverable 3.2

� k [010]
<latexit sha1_base64="DVYcesoUelRpILwo/M3BYMPo4pw=">AAACCHicbVDLSgMxFM3UV62vUZcuDBbBVcmIoMuiG5cV7ANmhpLJZNrQJDMkGaGULt34K25cKOLWT3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6KfzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgYMMK8w55T7yUNh366iBZoDLxCtJHZRo9d2vIE5JLqg0hGOtfQ9lJpxgZRjhdFoLck0zTEZ4QH1LJRZUh5PZIVN4apUYJqmyTxo4U393TLDQxa62UmAz1IteIf7n+blJrsIJk1luqCTzQUnOoUlhkQqMmaLE8LElmChmd4VkaHMgxmZXsyF4iycvk855w0MN7+6i3rwu46iCI3ACzoAHLkET3IIWaAMCHsEzeAVvzpPz4rw7H/PSilP2HII/cD5/ANl4mdM=</latexit><latexit sha1_base64="DVYcesoUelRpILwo/M3BYMPo4pw=">AAACCHicbVDLSgMxFM3UV62vUZcuDBbBVcmIoMuiG5cV7ANmhpLJZNrQJDMkGaGULt34K25cKOLWT3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6KfzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgYMMK8w55T7yUNh366iBZoDLxCtJHZRo9d2vIE5JLqg0hGOtfQ9lJpxgZRjhdFoLck0zTEZ4QH1LJRZUh5PZIVN4apUYJqmyTxo4U393TLDQxa62UmAz1IteIf7n+blJrsIJk1luqCTzQUnOoUlhkQqMmaLE8LElmChmd4VkaHMgxmZXsyF4iycvk855w0MN7+6i3rwu46iCI3ACzoAHLkET3IIWaAMCHsEzeAVvzpPz4rw7H/PSilP2HII/cD5/ANl4mdM=</latexit><latexit sha1_base64="DVYcesoUelRpILwo/M3BYMPo4pw=">AAACCHicbVDLSgMxFM3UV62vUZcuDBbBVcmIoMuiG5cV7ANmhpLJZNrQJDMkGaGULt34K25cKOLWT3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6KfzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgYMMK8w55T7yUNh366iBZoDLxCtJHZRo9d2vIE5JLqg0hGOtfQ9lJpxgZRjhdFoLck0zTEZ4QH1LJRZUh5PZIVN4apUYJqmyTxo4U393TLDQxa62UmAz1IteIf7n+blJrsIJk1luqCTzQUnOoUlhkQqMmaLE8LElmChmd4VkaHMgxmZXsyF4iycvk855w0MN7+6i3rwu46iCI3ACzoAHLkET3IIWaAMCHsEzeAVvzpPz4rw7H/PSilP2HII/cD5/ANl4mdM=</latexit><latexit sha1_base64="DVYcesoUelRpILwo/M3BYMPo4pw=">AAACCHicbVDLSgMxFM3UV62vUZcuDBbBVcmIoMuiG5cV7ANmhpLJZNrQJDMkGaGULt34K25cKOLWT3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6KfzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgYMMK8w55T7yUNh366iBZoDLxCtJHZRo9d2vIE5JLqg0hGOtfQ9lJpxgZRjhdFoLck0zTEZ4QH1LJRZUh5PZIVN4apUYJqmyTxo4U393TLDQxa62UmAz1IteIf7n+blJrsIJk1luqCTzQUnOoUlhkQqMmaLE8LElmChmd4VkaHMgxmZXsyF4iycvk855w0MN7+6i3rwu46iCI3ACzoAHLkET3IIWaAMCHsEzeAVvzpPz4rw7H/PSilP2HII/cD5/ANl4mdM=</latexit>

n k [100]
<latexit sha1_base64="qAQMkNaqX5Fm0rMVzoqXBcFVGgA=">AAACAXicbVBNS8NAEN3Ur1q/ol4EL8EieCqJCHosevFYwbZCE8pmO2mXbjZhdyKWUC/+FS8eFPHqv/Dmv3Hb5qCtDwYe783szrwwFVyj635bpaXlldW18nplY3Nre8fe3WvpJFMMmiwRiboLqQbBJTSRo4C7VAGNQwHtcHg18dv3oDRP5C2OUghi2pc84oyikbr2gY/wgGGUy7GfUkWFANHxXDfo2lW35k7hLBKvIFVSoNG1v/xewrIYJDJBtTavpBjkVCFnAsYVP9OQUjakfegYKmkMOsinF4ydY6P0nChRpiQ6U/X3RE5jrUdxaDpjigM9703E/7xOhtFFkHOZZgiSzT6KMuFg4kzicHpcAUMxMoQyxc2uDhuYHBia0ComBG/+5EXSOq15bs27OavWL4s4yuSQHJET4pFzUifXpEGahJFH8kxeyZv1ZL1Y79bHrLVkFTP75A+szx91oZbc</latexit><latexit sha1_base64="qAQMkNaqX5Fm0rMVzoqXBcFVGgA=">AAACAXicbVBNS8NAEN3Ur1q/ol4EL8EieCqJCHosevFYwbZCE8pmO2mXbjZhdyKWUC/+FS8eFPHqv/Dmv3Hb5qCtDwYe783szrwwFVyj635bpaXlldW18nplY3Nre8fe3WvpJFMMmiwRiboLqQbBJTSRo4C7VAGNQwHtcHg18dv3oDRP5C2OUghi2pc84oyikbr2gY/wgGGUy7GfUkWFANHxXDfo2lW35k7hLBKvIFVSoNG1v/xewrIYJDJBtTavpBjkVCFnAsYVP9OQUjakfegYKmkMOsinF4ydY6P0nChRpiQ6U/X3RE5jrUdxaDpjigM9703E/7xOhtFFkHOZZgiSzT6KMuFg4kzicHpcAUMxMoQyxc2uDhuYHBia0ComBG/+5EXSOq15bs27OavWL4s4yuSQHJET4pFzUifXpEGahJFH8kxeyZv1ZL1Y79bHrLVkFTP75A+szx91oZbc</latexit><latexit sha1_base64="qAQMkNaqX5Fm0rMVzoqXBcFVGgA=">AAACAXicbVBNS8NAEN3Ur1q/ol4EL8EieCqJCHosevFYwbZCE8pmO2mXbjZhdyKWUC/+FS8eFPHqv/Dmv3Hb5qCtDwYe783szrwwFVyj635bpaXlldW18nplY3Nre8fe3WvpJFMMmiwRiboLqQbBJTSRo4C7VAGNQwHtcHg18dv3oDRP5C2OUghi2pc84oyikbr2gY/wgGGUy7GfUkWFANHxXDfo2lW35k7hLBKvIFVSoNG1v/xewrIYJDJBtTavpBjkVCFnAsYVP9OQUjakfegYKmkMOsinF4ydY6P0nChRpiQ6U/X3RE5jrUdxaDpjigM9703E/7xOhtFFkHOZZgiSzT6KMuFg4kzicHpcAUMxMoQyxc2uDhuYHBia0ComBG/+5EXSOq15bs27OavWL4s4yuSQHJET4pFzUifXpEGahJFH8kxeyZv1ZL1Y79bHrLVkFTP75A+szx91oZbc</latexit><latexit sha1_base64="qAQMkNaqX5Fm0rMVzoqXBcFVGgA=">AAACAXicbVBNS8NAEN3Ur1q/ol4EL8EieCqJCHosevFYwbZCE8pmO2mXbjZhdyKWUC/+FS8eFPHqv/Dmv3Hb5qCtDwYe783szrwwFVyj635bpaXlldW18nplY3Nre8fe3WvpJFMMmiwRiboLqQbBJTSRo4C7VAGNQwHtcHg18dv3oDRP5C2OUghi2pc84oyikbr2gY/wgGGUy7GfUkWFANHxXDfo2lW35k7hLBKvIFVSoNG1v/xewrIYJDJBtTavpBjkVCFnAsYVP9OQUjakfegYKmkMOsinF4ydY6P0nChRpiQ6U/X3RE5jrUdxaDpjigM9703E/7xOhtFFkHOZZgiSzT6KMuFg4kzicHpcAUMxMoQyxc2uDhuYHBia0ComBG/+5EXSOq15bs27OavWL4s4yuSQHJET4pFzUifXpEGahJFH8kxeyZv1ZL1Y79bHrLVkFTP75A+szx91oZbc</latexit>

(�+, m > 0)
<latexit sha1_base64="9rAA0r6uw4TtAEod6SgPmXN3RDo=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BItQUcquCHqSohePFewHbJeSTbNtaDZZklmhLP0ZXjwo4tVf481/Y9ruQVsfDDzem2FmXpgIbsB1v53Cyura+kZxs7S1vbO7V94/aBmVasqaVAmlOyExTHDJmsBBsE6iGYlDwdrh6G7qt5+YNlzJRxgnLIjJQPKIUwJW8qtdOuRn5/GNe9orV9yaOwNeJl5OKihHo1f+6vYVTWMmgQpijO+5CQQZ0cCpYJNSNzUsIXREBsy3VJKYmSCbnTzBJ1bp40hpWxLwTP09kZHYmHEc2s6YwNAselPxP89PIboOMi6TFJik80VRKjAoPP0f97lmFMTYEkI1t7diOiSaULAplWwI3uLLy6R1UfPcmvdwWanf5nEU0RE6RlXkoStUR/eogZqIIoWe0St6c8B5cd6dj3lrwclnDtEfOJ8/W22P+w==</latexit><latexit sha1_base64="9rAA0r6uw4TtAEod6SgPmXN3RDo=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BItQUcquCHqSohePFewHbJeSTbNtaDZZklmhLP0ZXjwo4tVf481/Y9ruQVsfDDzem2FmXpgIbsB1v53Cyura+kZxs7S1vbO7V94/aBmVasqaVAmlOyExTHDJmsBBsE6iGYlDwdrh6G7qt5+YNlzJRxgnLIjJQPKIUwJW8qtdOuRn5/GNe9orV9yaOwNeJl5OKihHo1f+6vYVTWMmgQpijO+5CQQZ0cCpYJNSNzUsIXREBsy3VJKYmSCbnTzBJ1bp40hpWxLwTP09kZHYmHEc2s6YwNAselPxP89PIboOMi6TFJik80VRKjAoPP0f97lmFMTYEkI1t7diOiSaULAplWwI3uLLy6R1UfPcmvdwWanf5nEU0RE6RlXkoStUR/eogZqIIoWe0St6c8B5cd6dj3lrwclnDtEfOJ8/W22P+w==</latexit><latexit sha1_base64="9rAA0r6uw4TtAEod6SgPmXN3RDo=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BItQUcquCHqSohePFewHbJeSTbNtaDZZklmhLP0ZXjwo4tVf481/Y9ruQVsfDDzem2FmXpgIbsB1v53Cyura+kZxs7S1vbO7V94/aBmVasqaVAmlOyExTHDJmsBBsE6iGYlDwdrh6G7qt5+YNlzJRxgnLIjJQPKIUwJW8qtdOuRn5/GNe9orV9yaOwNeJl5OKihHo1f+6vYVTWMmgQpijO+5CQQZ0cCpYJNSNzUsIXREBsy3VJKYmSCbnTzBJ1bp40hpWxLwTP09kZHYmHEc2s6YwNAselPxP89PIboOMi6TFJik80VRKjAoPP0f97lmFMTYEkI1t7diOiSaULAplWwI3uLLy6R1UfPcmvdwWanf5nEU0RE6RlXkoStUR/eogZqIIoWe0St6c8B5cd6dj3lrwclnDtEfOJ8/W22P+w==</latexit><latexit sha1_base64="9rAA0r6uw4TtAEod6SgPmXN3RDo=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BItQUcquCHqSohePFewHbJeSTbNtaDZZklmhLP0ZXjwo4tVf481/Y9ruQVsfDDzem2FmXpgIbsB1v53Cyura+kZxs7S1vbO7V94/aBmVasqaVAmlOyExTHDJmsBBsE6iGYlDwdrh6G7qt5+YNlzJRxgnLIjJQPKIUwJW8qtdOuRn5/GNe9orV9yaOwNeJl5OKihHo1f+6vYVTWMmgQpijO+5CQQZ0cCpYJNSNzUsIXREBsy3VJKYmSCbnTzBJ1bp40hpWxLwTP09kZHYmHEc2s6YwNAselPxP89PIboOMi6TFJik80VRKjAoPP0f97lmFMTYEkI1t7diOiSaULAplWwI3uLLy6R1UfPcmvdwWanf5nEU0RE6RlXkoStUR/eogZqIIoWe0St6c8B5cd6dj3lrwclnDtEfOJ8/W22P+w==</latexit>

(�+, m < 0)
<latexit sha1_base64="HY1an+F4l5OpBrQD5xCGrm+JCZI=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BItQUcquCHrwUPTisYL9gO1Ssmm2Dc0mSzIrlKU/w4sHRbz6a7z5b0zbPWjrg4HHezPMzAsTwQ247rdTWFldW98obpa2tnd298r7By2jUk1ZkyqhdCckhgkuWRM4CNZJNCNxKFg7HN1N/fYT04Yr+QjjhAUxGUgecUrASn61S4f87Dy+cU975Ypbc2fAy8TLSQXlaPTKX92+omnMJFBBjPE9N4EgIxo4FWxS6qaGJYSOyID5lkoSMxNks5Mn+MQqfRwpbUsCnqm/JzISGzOOQ9sZExiaRW8q/uf5KUTXQcZlkgKTdL4oSgUGhaf/4z7XjIIYW0Ko5vZWTIdEEwo2pZINwVt8eZm0LmqeW/MeLiv12zyOIjpCx6iKPHSF6ugeNVATUaTQM3pFbw44L8678zFvLTj5zCH6A+fzB1hhj/k=</latexit><latexit sha1_base64="HY1an+F4l5OpBrQD5xCGrm+JCZI=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BItQUcquCHrwUPTisYL9gO1Ssmm2Dc0mSzIrlKU/w4sHRbz6a7z5b0zbPWjrg4HHezPMzAsTwQ247rdTWFldW98obpa2tnd298r7By2jUk1ZkyqhdCckhgkuWRM4CNZJNCNxKFg7HN1N/fYT04Yr+QjjhAUxGUgecUrASn61S4f87Dy+cU975Ypbc2fAy8TLSQXlaPTKX92+omnMJFBBjPE9N4EgIxo4FWxS6qaGJYSOyID5lkoSMxNks5Mn+MQqfRwpbUsCnqm/JzISGzOOQ9sZExiaRW8q/uf5KUTXQcZlkgKTdL4oSgUGhaf/4z7XjIIYW0Ko5vZWTIdEEwo2pZINwVt8eZm0LmqeW/MeLiv12zyOIjpCx6iKPHSF6ugeNVATUaTQM3pFbw44L8678zFvLTj5zCH6A+fzB1hhj/k=</latexit><latexit sha1_base64="HY1an+F4l5OpBrQD5xCGrm+JCZI=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BItQUcquCHrwUPTisYL9gO1Ssmm2Dc0mSzIrlKU/w4sHRbz6a7z5b0zbPWjrg4HHezPMzAsTwQ247rdTWFldW98obpa2tnd298r7By2jUk1ZkyqhdCckhgkuWRM4CNZJNCNxKFg7HN1N/fYT04Yr+QjjhAUxGUgecUrASn61S4f87Dy+cU975Ypbc2fAy8TLSQXlaPTKX92+omnMJFBBjPE9N4EgIxo4FWxS6qaGJYSOyID5lkoSMxNks5Mn+MQqfRwpbUsCnqm/JzISGzOOQ9sZExiaRW8q/uf5KUTXQcZlkgKTdL4oSgUGhaf/4z7XjIIYW0Ko5vZWTIdEEwo2pZINwVt8eZm0LmqeW/MeLiv12zyOIjpCx6iKPHSF6ugeNVATUaTQM3pFbw44L8678zFvLTj5zCH6A+fzB1hhj/k=</latexit><latexit sha1_base64="HY1an+F4l5OpBrQD5xCGrm+JCZI=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BItQUcquCHrwUPTisYL9gO1Ssmm2Dc0mSzIrlKU/w4sHRbz6a7z5b0zbPWjrg4HHezPMzAsTwQ247rdTWFldW98obpa2tnd298r7By2jUk1ZkyqhdCckhgkuWRM4CNZJNCNxKFg7HN1N/fYT04Yr+QjjhAUxGUgecUrASn61S4f87Dy+cU975Ypbc2fAy8TLSQXlaPTKX92+omnMJFBBjPE9N4EgIxo4FWxS6qaGJYSOyID5lkoSMxNks5Mn+MQqfRwpbUsCnqm/JzISGzOOQ9sZExiaRW8q/uf5KUTXQcZlkgKTdL4oSgUGhaf/4z7XjIIYW0Ko5vZWTIdEEwo2pZINwVt8eZm0LmqeW/MeLiv12zyOIjpCx6iKPHSF6ugeNVATUaTQM3pFbw44L8678zFvLTj5zCH6A+fzB1hhj/k=</latexit>
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Figure 8: First-principle calculation of sizeable and anisotropic crystal Hall effect in
RuO2. (A) First-principle calculation of the dependence on the canting angle of the Hall conductivity
and its separation into the anomalous (ferromagnetic) and crystal (antiferromagnetic) parts. (B)
Ru sublattice A (solid) and B (dashed) projected DOSs for the Néel vector along the [100] axis.
Black solid and dotted lines show calculations with spin-orbit coupling of the DOS component for
moments projected along the [100] axis. Blue line shows the sum of sublattice DOSs for the moment
projection along the [010] axis which corresponds to the small canting of the antiparallel moments due
to Dzyaloshinskii-Moriya interaction. (C) The dependence on the canting angle of the spin component
Sx (projected on single Ru sublattice A), Sy (total net spin moment) and orbital magnetization Ly.
(D) Energy dependence of the calculated crystal Hall conductivity for n ‖ [100] (red solid line) and
n ‖ [110] (gray dashed line). (E) The mutual orientation of the Néel vector n, and Hall vector σ. (F)
Two magnetic domains with opposite Néel vector induced by opposite field H and the corresponding
energy costs for canting. H ‖ [010] corresponds to canting angles φ > 0 and prefers n ‖ [100] (red)
over n ‖ [100] (blue). In the inset we depict four combinations of the local crystal chirality and Néel
vector orientations. The two combinations marked L and R have the lowest energy.

into a contribution even in m:

σCHE
xz = [σxz(n,m) + σxz(n,−m)]/2, (2)

and odd in m:
σAHE
xz = [σxz(n,m)− σxz(n,−m)]/2. (3)

Here σAHE
xz corresponds to a contribution induced by the small net moment, analogous to the AHE

in ferromagnets. We see that this term is roughly linear in m (see Figs. 8A and 8C), at least for
|φ| . 10◦, while σCHE

xz is almost constant at small φ and dominates the contribution to σxz. Hence the
small net magnetic moment has a negligible effect on σxz. This is in striking contrast to the recently
studied antiferromagnets GdPtBi [28] and EuTiO3 [34], which order in a T -invariant MLG and whose
observed AHE is entirely due to the canting induced by an applied external magnetic field.

In Fig. 8D we plot the intrinsic crystal Hall conductivity for the Néel vector orientation along [100]
and [110] crystal axies as a function of the Fermi level position which simulates, e.g., off-stoichiometry
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or alloying with other elements. For artificially constrained perfectly antiparallel spin moments along
the [100] axis, σ ‖ [010] and we obtain σxz = 36.4 Scm−1 for stoichiometric RuO2. For a canting
angle ≈ 1◦ obtained from the DFT calculation, m ‖ [010] and σxz = 35.7 Scm−1. For the Néel vector
along the [110] axis, σH = 54.6 Scm−1. These crystal Hall conductivities are comparable to the large
anomalous Hall conductivities in non-collinear antiferromagnets Mn3Sn (100 Scm−1 in experiment[20]
and 133 Scm−1 in theory[35]) or Mn3Pt (74 Scm−1 in experiment and 57 Scm−1 in theory [22]), and
are much larger than the topological Hall conductivities in antiferromagnetic spin liquid candidates
(<5 Scm−1 [23]). For Fermi level shifts of ≈ −0.5 eV, corresponding to a reduced filling by one electron
in off-stoichiometric Ru1+xO2-x, the CHE conductivity can be as large as ∼ 300 Scm−1. At larger
energy shifts (≈ −1 eV) even ∼ 1000 Scm−1 is reached. This is similar to the record magnitudes
reported for the AHE in ferromagnets or non-collinear antiferromagnets [12, 21].

The CHE can also show a large anisotropy in the Hall conductivity which can be understood in
terms of the symmetry imposed dependence of the hybridization of linear band crossings and of the
gapping of nodal-line features [36] on the Néel vector orientation [1]. For example, the MSG changes
from Pnn′m′ for n ‖ [100] to Cnn′m′ for n ‖ [110].

We observe that DMI generates a small magnetization that is perpendicular to the Néel vector
when n ‖ [100] while, for n ‖ [110], it generates a small parallel magnetization. While in the former
case the Hall vector is perpendicular to the Néel vector, in the latter case the two vectors are parallel as
we schematically illustrate in Fig. 8E. Also, from Figs. 8A, C we see that the crystal Hall conductivity
is proportional to neither spin nor orbital magnetization and, for a generic angle of the Néel vector,
the mutual orientation of the Néel and Hall vectors is arbitrary and depends on microscopic details.

The sign of the Hall conductivity can be controlled also by the global crystal chirality. We explain
this on the CoNb3S6 crystal (its low-symmetry magnetization isosurfaces are shown in Fig. 9A), a
quasi-2d hexagonal collinear antiferromagnet derived from the Van der Waals crystal of transition
metal dichalcogenide NbS2 [27]. The opposite sign of crystal Hall conductivity, shown in Figs. 9B, C,
corresponds to the two crystals with the opposite sense of the spatial inversion symmetry breaking,
marked L and R in Fig. 9B.

CoNb3S6, with collinear antiferromagnetic moments, has the C2′2′21 MSG and the same MLG as
RuO2 (2′2′2), where the unprimed rotational axis C2 is perpendicular to the hexagonal layers and σ ‖
aC2 (according to our classification in Tab. 1). However, the global P symmetry breaking promotes the
role of ASOC, as we show in Fig. 9D, where the bands are split along the high symmetry axes, not only
at high symmetry points. The energy bands, e.g. around the H point, are substantially split by the
ASOC and in combination with collinear antiferromagnetism, a large Berry curvature Ωz is generated
as we illustrate on the Berry curvature summed up to the lowest energy band shown in Fig. 9D.
The Berry curvature appears to be concentrated around these antiferromagnetic generalisations of
Kramers-Weyl-like dispersions [37].

We note that the spontaneous Hall effect recently detected in CoNb3S6 [27] could not be recon-
ciled with a collinear antiferromagnetic order inferred from neutron scattering. Our first-principles
calculations shown in Fig. 9C give a magnitude of the CHE in hole-doped (Fermi energy ∼ −0.7 eV)
CoNb3S6 which is consistent with the experimental value for this doping level- (27 S/cm [27]).

While the symmetry allowed direction of the Hall vector σ depends only on the MLG, the possibility
to control the sign of the CHE by the local or global crystal chirality depends on the full MPG. To
enumerate all possible symmetries allowing for the CHE in collinear antiferromagnets we start by
excluding antiferromagnetic symmetries incompatible with the existence of a Hall vector. Among those
are all MSG-type-IV antiferromagnets with TAF = t 1

2
T symmetry (t 1

2
is half-unit cell translation as

e.g. in GdPtBi), and MSG-type-III antiferromagnets TAF = PT symmetry (e.g. CuMnAs, or Mn2Au)
which have the T symmetry in the MLG. In total, 275 MSGs, 31 MPGs, and 10 MLGs of type I and
III remain as candidates for spontaneous Hall effects. However, simple collinear antiferromagnetism
is not compatible with 3-fold, 4-fold, and 6-fold rotational symmetries. We summarize in Tab. 1 the
remaining 12 MPGs and 4 MLGs that may host the CHE in collinear antiferromagnets.

We can formulate simple rules allowing for a fast determination of the orientation of the Hall vector
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�
<latexit sha1_base64="9IpMzEB4KgdAmFfXs3RUoe772rE=">AAAB+nicbVBLSwMxGMzWV62vrR69BIvgqeyKoMeCHjxWsA/oLiWbzbaheSxJVilrf4oXD4p49Zd489+YbfegrQMhw8z3kclEKaPaeN63U1lb39jcqm7Xdnb39g/c+mFXy0xh0sGSSdWPkCaMCtIx1DDSTxVBPGKkF02uC7/3QJSmUtybaUpCjkaCJhQjY6WhWw8iyWI95fYKNB1xNHQbXtObA64SvyQNUKI9dL+CWOKME2EwQ1oPfC81YY6UoZiRWS3INEkRnqARGVgqECc6zOfRZ/DUKjFMpLJHGDhXf2/kiOsinZ3kyIz1sleI/3mDzCRXYU5Fmhki8OKhJGPQSFj0AGOqCDZsagnCitqsEI+RQtjYtmq2BH/5y6uke970vaZ/d9Fo3ZR1VMExOAFnwAeXoAVuQRt0AAaP4Bm8gjfnyXlx3p2PxWjFKXeOwB84nz/MxJRX</latexit><latexit sha1_base64="9IpMzEB4KgdAmFfXs3RUoe772rE=">AAAB+nicbVBLSwMxGMzWV62vrR69BIvgqeyKoMeCHjxWsA/oLiWbzbaheSxJVilrf4oXD4p49Zd489+YbfegrQMhw8z3kclEKaPaeN63U1lb39jcqm7Xdnb39g/c+mFXy0xh0sGSSdWPkCaMCtIx1DDSTxVBPGKkF02uC7/3QJSmUtybaUpCjkaCJhQjY6WhWw8iyWI95fYKNB1xNHQbXtObA64SvyQNUKI9dL+CWOKME2EwQ1oPfC81YY6UoZiRWS3INEkRnqARGVgqECc6zOfRZ/DUKjFMpLJHGDhXf2/kiOsinZ3kyIz1sleI/3mDzCRXYU5Fmhki8OKhJGPQSFj0AGOqCDZsagnCitqsEI+RQtjYtmq2BH/5y6uke970vaZ/d9Fo3ZR1VMExOAFnwAeXoAVuQRt0AAaP4Bm8gjfnyXlx3p2PxWjFKXeOwB84nz/MxJRX</latexit><latexit sha1_base64="9IpMzEB4KgdAmFfXs3RUoe772rE=">AAAB+nicbVBLSwMxGMzWV62vrR69BIvgqeyKoMeCHjxWsA/oLiWbzbaheSxJVilrf4oXD4p49Zd489+YbfegrQMhw8z3kclEKaPaeN63U1lb39jcqm7Xdnb39g/c+mFXy0xh0sGSSdWPkCaMCtIx1DDSTxVBPGKkF02uC7/3QJSmUtybaUpCjkaCJhQjY6WhWw8iyWI95fYKNB1xNHQbXtObA64SvyQNUKI9dL+CWOKME2EwQ1oPfC81YY6UoZiRWS3INEkRnqARGVgqECc6zOfRZ/DUKjFMpLJHGDhXf2/kiOsinZ3kyIz1sleI/3mDzCRXYU5Fmhki8OKhJGPQSFj0AGOqCDZsagnCitqsEI+RQtjYtmq2BH/5y6uke970vaZ/d9Fo3ZR1VMExOAFnwAeXoAVuQRt0AAaP4Bm8gjfnyXlx3p2PxWjFKXeOwB84nz/MxJRX</latexit><latexit sha1_base64="9IpMzEB4KgdAmFfXs3RUoe772rE=">AAAB+nicbVBLSwMxGMzWV62vrR69BIvgqeyKoMeCHjxWsA/oLiWbzbaheSxJVilrf4oXD4p49Zd489+YbfegrQMhw8z3kclEKaPaeN63U1lb39jcqm7Xdnb39g/c+mFXy0xh0sGSSdWPkCaMCtIx1DDSTxVBPGKkF02uC7/3QJSmUtybaUpCjkaCJhQjY6WhWw8iyWI95fYKNB1xNHQbXtObA64SvyQNUKI9dL+CWOKME2EwQ1oPfC81YY6UoZiRWS3INEkRnqARGVgqECc6zOfRZ/DUKjFMpLJHGDhXf2/kiOsinZ3kyIz1sleI/3mDzCRXYU5Fmhki8OKhJGPQSFj0AGOqCDZsagnCitqsEI+RQtjYtmq2BH/5y6uke970vaZ/d9Fo3ZR1VMExOAFnwAeXoAVuQRt0AAaP4Bm8gjfnyXlx3p2PxWjFKXeOwB84nz/MxJRX</latexit>

Co
<latexit sha1_base64="Uhnj7h9bD66zU4c61NUKvVUMcFo=">AAAB8nicbVBNS8NAEN34WetX1aOXxSJ4KokIeiz24rGC/YA0lM120i7dZMPuRCyhP8OLB0W8+mu8+W/ctjlo64OBx3szzMwLUykMuu63s7a+sbm1Xdop7+7tHxxWjo7bRmWaQ4srqXQ3ZAakSKCFAiV0Uw0sDiV0wnFj5nceQRuhkgecpBDEbJiISHCGVvJ7CE8YRnlDTfuVqltz56CrxCtIlRRo9itfvYHiWQwJcsmM8T03xSBnGgWXMC33MgMp42M2BN/ShMVggnx+8pSeW2VAI6VtJUjn6u+JnMXGTOLQdsYMR2bZm4n/eX6G0U2QiyTNEBK+WBRlkqKis//pQGjgKCeWMK6FvZXyEdOMo02pbEPwll9eJe3LmufWvPurav22iKNETskZuSAeuSZ1ckeapEU4UeSZvJI3B50X5935WLSuOcXMCfkD5/MHp5uRew==</latexit><latexit sha1_base64="Uhnj7h9bD66zU4c61NUKvVUMcFo=">AAAB8nicbVBNS8NAEN34WetX1aOXxSJ4KokIeiz24rGC/YA0lM120i7dZMPuRCyhP8OLB0W8+mu8+W/ctjlo64OBx3szzMwLUykMuu63s7a+sbm1Xdop7+7tHxxWjo7bRmWaQ4srqXQ3ZAakSKCFAiV0Uw0sDiV0wnFj5nceQRuhkgecpBDEbJiISHCGVvJ7CE8YRnlDTfuVqltz56CrxCtIlRRo9itfvYHiWQwJcsmM8T03xSBnGgWXMC33MgMp42M2BN/ShMVggnx+8pSeW2VAI6VtJUjn6u+JnMXGTOLQdsYMR2bZm4n/eX6G0U2QiyTNEBK+WBRlkqKis//pQGjgKCeWMK6FvZXyEdOMo02pbEPwll9eJe3LmufWvPurav22iKNETskZuSAeuSZ1ckeapEU4UeSZvJI3B50X5935WLSuOcXMCfkD5/MHp5uRew==</latexit><latexit sha1_base64="Uhnj7h9bD66zU4c61NUKvVUMcFo=">AAAB8nicbVBNS8NAEN34WetX1aOXxSJ4KokIeiz24rGC/YA0lM120i7dZMPuRCyhP8OLB0W8+mu8+W/ctjlo64OBx3szzMwLUykMuu63s7a+sbm1Xdop7+7tHxxWjo7bRmWaQ4srqXQ3ZAakSKCFAiV0Uw0sDiV0wnFj5nceQRuhkgecpBDEbJiISHCGVvJ7CE8YRnlDTfuVqltz56CrxCtIlRRo9itfvYHiWQwJcsmM8T03xSBnGgWXMC33MgMp42M2BN/ShMVggnx+8pSeW2VAI6VtJUjn6u+JnMXGTOLQdsYMR2bZm4n/eX6G0U2QiyTNEBK+WBRlkqKis//pQGjgKCeWMK6FvZXyEdOMo02pbEPwll9eJe3LmufWvPurav22iKNETskZuSAeuSZ1ckeapEU4UeSZvJI3B50X5935WLSuOcXMCfkD5/MHp5uRew==</latexit><latexit sha1_base64="Uhnj7h9bD66zU4c61NUKvVUMcFo=">AAAB8nicbVBNS8NAEN34WetX1aOXxSJ4KokIeiz24rGC/YA0lM120i7dZMPuRCyhP8OLB0W8+mu8+W/ctjlo64OBx3szzMwLUykMuu63s7a+sbm1Xdop7+7tHxxWjo7bRmWaQ4srqXQ3ZAakSKCFAiV0Uw0sDiV0wnFj5nceQRuhkgecpBDEbJiISHCGVvJ7CE8YRnlDTfuVqltz56CrxCtIlRRo9itfvYHiWQwJcsmM8T03xSBnGgWXMC33MgMp42M2BN/ShMVggnx+8pSeW2VAI6VtJUjn6u+JnMXGTOLQdsYMR2bZm4n/eX6G0U2QiyTNEBK+WBRlkqKis//pQGjgKCeWMK6FvZXyEdOMo02pbEPwll9eJe3LmufWvPurav22iKNETskZuSAeuSZ1ckeapEU4UeSZvJI3B50X5935WLSuOcXMCfkD5/MHp5uRew==</latexit> Nb<latexit sha1_base64="kVZ8s2+ySqZxwDCpNZrazmTI9Os=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LHoxZNUsLWQhrLZbtqlm92wOxFL6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzolRwg5737ZRWVtfWN8qbla3tnd296v5B26hMU9aiSijdiYhhgkvWQo6CdVLNSBIJ9hCNrqf+wyPThit5j+OUhQkZSB5zStBKQRfZE0ZxfhtNetWaV/dmcJeJX5AaFGj2ql/dvqJZwiRSQYwJfC/FMCcaORVsUulmhqWEjsiABZZKkjAT5rOTJ+6JVfpurLQtie5M/T2Rk8SYcRLZzoTg0Cx6U/E/L8gwvgxzLtMMmaTzRXEmXFTu9H+3zzWjKMaWEKq5vdWlQ6IJRZtSxYbgL768TNpndd+r+3fntcZVEUcZjuAYTsGHC2jADTShBRQUPMMrvDnovDjvzse8teQUM4fwB87nD6SckXk=</latexit><latexit sha1_base64="kVZ8s2+ySqZxwDCpNZrazmTI9Os=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LHoxZNUsLWQhrLZbtqlm92wOxFL6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzolRwg5737ZRWVtfWN8qbla3tnd296v5B26hMU9aiSijdiYhhgkvWQo6CdVLNSBIJ9hCNrqf+wyPThit5j+OUhQkZSB5zStBKQRfZE0ZxfhtNetWaV/dmcJeJX5AaFGj2ql/dvqJZwiRSQYwJfC/FMCcaORVsUulmhqWEjsiABZZKkjAT5rOTJ+6JVfpurLQtie5M/T2Rk8SYcRLZzoTg0Cx6U/E/L8gwvgxzLtMMmaTzRXEmXFTu9H+3zzWjKMaWEKq5vdWlQ6IJRZtSxYbgL768TNpndd+r+3fntcZVEUcZjuAYTsGHC2jADTShBRQUPMMrvDnovDjvzse8teQUM4fwB87nD6SckXk=</latexit><latexit sha1_base64="kVZ8s2+ySqZxwDCpNZrazmTI9Os=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LHoxZNUsLWQhrLZbtqlm92wOxFL6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzolRwg5737ZRWVtfWN8qbla3tnd296v5B26hMU9aiSijdiYhhgkvWQo6CdVLNSBIJ9hCNrqf+wyPThit5j+OUhQkZSB5zStBKQRfZE0ZxfhtNetWaV/dmcJeJX5AaFGj2ql/dvqJZwiRSQYwJfC/FMCcaORVsUulmhqWEjsiABZZKkjAT5rOTJ+6JVfpurLQtie5M/T2Rk8SYcRLZzoTg0Cx6U/E/L8gwvgxzLtMMmaTzRXEmXFTu9H+3zzWjKMaWEKq5vdWlQ6IJRZtSxYbgL768TNpndd+r+3fntcZVEUcZjuAYTsGHC2jADTShBRQUPMMrvDnovDjvzse8teQUM4fwB87nD6SckXk=</latexit><latexit sha1_base64="kVZ8s2+ySqZxwDCpNZrazmTI9Os=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BIvgqSQi6LHoxZNUsLWQhrLZbtqlm92wOxFL6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzolRwg5737ZRWVtfWN8qbla3tnd296v5B26hMU9aiSijdiYhhgkvWQo6CdVLNSBIJ9hCNrqf+wyPThit5j+OUhQkZSB5zStBKQRfZE0ZxfhtNetWaV/dmcJeJX5AaFGj2ql/dvqJZwiRSQYwJfC/FMCcaORVsUulmhqWEjsiABZZKkjAT5rOTJ+6JVfpurLQtie5M/T2Rk8SYcRLZzoTg0Cx6U/E/L8gwvgxzLtMMmaTzRXEmXFTu9H+3zzWjKMaWEKq5vdWlQ6IJRZtSxYbgL768TNpndd+r+3fntcZVEUcZjuAYTsGHC2jADTShBRQUPMMrvDnovDjvzse8teQUM4fwB87nD6SckXk=</latexit> S

<latexit sha1_base64="U7P6IdYuth9VkpfvXW5PM+joL+8=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8eK9gPbUDbbTbt0swm7E7GE/gsvHhTx6r/x5r9x2+agrQ8GHu/NMDMvSKQw6LrfTmFldW19o7hZ2tre2d0r7x80TZxqxhsslrFuB9RwKRRvoEDJ24nmNAokbwWj66nfeuTaiFjd4zjhfkQHSoSCUbTSQxf5EwZhdjfplStu1Z2BLBMvJxXIUe+Vv7r9mKURV8gkNabjuQn6GdUomOSTUjc1PKFsRAe8Y6miETd+Nrt4Qk6s0idhrG0pJDP190RGI2PGUWA7I4pDs+hNxf+8TorhpZ8JlaTIFZsvClNJMCbT90lfaM5Qji2hTAt7K2FDqilDG1LJhuAtvrxMmmdVz616t+eV2lUeRxGO4BhOwYMLqMEN1KEBDBQ8wyu8OcZ5cd6dj3lrwclnDuEPnM8f7pSREg==</latexit><latexit sha1_base64="U7P6IdYuth9VkpfvXW5PM+joL+8=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8eK9gPbUDbbTbt0swm7E7GE/gsvHhTx6r/x5r9x2+agrQ8GHu/NMDMvSKQw6LrfTmFldW19o7hZ2tre2d0r7x80TZxqxhsslrFuB9RwKRRvoEDJ24nmNAokbwWj66nfeuTaiFjd4zjhfkQHSoSCUbTSQxf5EwZhdjfplStu1Z2BLBMvJxXIUe+Vv7r9mKURV8gkNabjuQn6GdUomOSTUjc1PKFsRAe8Y6miETd+Nrt4Qk6s0idhrG0pJDP190RGI2PGUWA7I4pDs+hNxf+8TorhpZ8JlaTIFZsvClNJMCbT90lfaM5Qji2hTAt7K2FDqilDG1LJhuAtvrxMmmdVz616t+eV2lUeRxGO4BhOwYMLqMEN1KEBDBQ8wyu8OcZ5cd6dj3lrwclnDuEPnM8f7pSREg==</latexit><latexit sha1_base64="U7P6IdYuth9VkpfvXW5PM+joL+8=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8eK9gPbUDbbTbt0swm7E7GE/gsvHhTx6r/x5r9x2+agrQ8GHu/NMDMvSKQw6LrfTmFldW19o7hZ2tre2d0r7x80TZxqxhsslrFuB9RwKRRvoEDJ24nmNAokbwWj66nfeuTaiFjd4zjhfkQHSoSCUbTSQxf5EwZhdjfplStu1Z2BLBMvJxXIUe+Vv7r9mKURV8gkNabjuQn6GdUomOSTUjc1PKFsRAe8Y6miETd+Nrt4Qk6s0idhrG0pJDP190RGI2PGUWA7I4pDs+hNxf+8TorhpZ8JlaTIFZsvClNJMCbT90lfaM5Qji2hTAt7K2FDqilDG1LJhuAtvrxMmmdVz616t+eV2lUeRxGO4BhOwYMLqMEN1KEBDBQ8wyu8OcZ5cd6dj3lrwclnDuEPnM8f7pSREg==</latexit><latexit sha1_base64="U7P6IdYuth9VkpfvXW5PM+joL+8=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8eK9gPbUDbbTbt0swm7E7GE/gsvHhTx6r/x5r9x2+agrQ8GHu/NMDMvSKQw6LrfTmFldW19o7hZ2tre2d0r7x80TZxqxhsslrFuB9RwKRRvoEDJ24nmNAokbwWj66nfeuTaiFjd4zjhfkQHSoSCUbTSQxf5EwZhdjfplStu1Z2BLBMvJxXIUe+Vv7r9mKURV8gkNabjuQn6GdUomOSTUjc1PKFsRAe8Y6miETd+Nrt4Qk6s0idhrG0pJDP190RGI2PGUWA7I4pDs+hNxf+8TorhpZ8JlaTIFZsvClNJMCbT90lfaM5Qji2hTAt7K2FDqilDG1LJhuAtvrxMmmdVz616t+eV2lUeRxGO4BhOwYMLqMEN1KEBDBQ8wyu8OcZ5cd6dj3lrwclnDuEPnM8f7pSREg==</latexit>

[100]
<latexit sha1_base64="iPAtkpR2L0TMutXv6TOc2qUriMA=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCHjxWMG2hDWWznbRLN5uwuxFK6G/w4kERr/4gb/4bt20O2vpg4fHezOzMC1PBtXHdb6e0sbm1vVPereztHxweVY9P2jrJFEOfJSJR3ZBqFFyib7gR2E0V0jgU2Aknt3O/84RK80Q+mmmKQUxHkkecUWMlv+e5bjCo1ty6uwBZJ15BalCgNah+9YcJy2KUhgmqtZ2SmiCnynAmcFbpZxpTyiZ0hD1LJY1RB/li2Rm5sMqQRImyTxqyUH935DTWehqHtjKmZqxXvbn4n9fLTHQT5FymmUHJlh9FmSAmIfPLyZArZEZMLaFMcbsrYWOqKDM2n4oNwVs9eZ20r+qeW/cermvNuyKOMpzBOVyCBw1owj20wAcGHJ7hFd4c6bw4787HsrTkFD2n8AfO5w+54I33</latexit><latexit sha1_base64="iPAtkpR2L0TMutXv6TOc2qUriMA=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCHjxWMG2hDWWznbRLN5uwuxFK6G/w4kERr/4gb/4bt20O2vpg4fHezOzMC1PBtXHdb6e0sbm1vVPereztHxweVY9P2jrJFEOfJSJR3ZBqFFyib7gR2E0V0jgU2Aknt3O/84RK80Q+mmmKQUxHkkecUWMlv+e5bjCo1ty6uwBZJ15BalCgNah+9YcJy2KUhgmqtZ2SmiCnynAmcFbpZxpTyiZ0hD1LJY1RB/li2Rm5sMqQRImyTxqyUH935DTWehqHtjKmZqxXvbn4n9fLTHQT5FymmUHJlh9FmSAmIfPLyZArZEZMLaFMcbsrYWOqKDM2n4oNwVs9eZ20r+qeW/cermvNuyKOMpzBOVyCBw1owj20wAcGHJ7hFd4c6bw4787HsrTkFD2n8AfO5w+54I33</latexit><latexit sha1_base64="iPAtkpR2L0TMutXv6TOc2qUriMA=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCHjxWMG2hDWWznbRLN5uwuxFK6G/w4kERr/4gb/4bt20O2vpg4fHezOzMC1PBtXHdb6e0sbm1vVPereztHxweVY9P2jrJFEOfJSJR3ZBqFFyib7gR2E0V0jgU2Aknt3O/84RK80Q+mmmKQUxHkkecUWMlv+e5bjCo1ty6uwBZJ15BalCgNah+9YcJy2KUhgmqtZ2SmiCnynAmcFbpZxpTyiZ0hD1LJY1RB/li2Rm5sMqQRImyTxqyUH935DTWehqHtjKmZqxXvbn4n9fLTHQT5FymmUHJlh9FmSAmIfPLyZArZEZMLaFMcbsrYWOqKDM2n4oNwVs9eZ20r+qeW/cermvNuyKOMpzBOVyCBw1owj20wAcGHJ7hFd4c6bw4787HsrTkFD2n8AfO5w+54I33</latexit><latexit sha1_base64="iPAtkpR2L0TMutXv6TOc2qUriMA=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCHjxWMG2hDWWznbRLN5uwuxFK6G/w4kERr/4gb/4bt20O2vpg4fHezOzMC1PBtXHdb6e0sbm1vVPereztHxweVY9P2jrJFEOfJSJR3ZBqFFyib7gR2E0V0jgU2Aknt3O/84RK80Q+mmmKQUxHkkecUWMlv+e5bjCo1ty6uwBZJ15BalCgNah+9YcJy2KUhgmqtZ2SmiCnynAmcFbpZxpTyiZ0hD1LJY1RB/li2Rm5sMqQRImyTxqyUH935DTWehqHtjKmZqxXvbn4n9fLTHQT5FymmUHJlh9FmSAmIfPLyZArZEZMLaFMcbsrYWOqKDM2n4oNwVs9eZ20r+qeW/cermvNuyKOMpzBOVyCBw1owj20wAcGHJ7hFd4c6bw4787HsrTkFD2n8AfO5w+54I33</latexit>

[001]
<latexit sha1_base64="CkEjTLRt0d9grMfxgvs8LuvuMrU=">AAAB7HicbVBNSwMxEJ3Ur1q/qh69BIvgqWRF0GNBDx4ruLWwXUo2zbah2eySZIWy9Dd48aCIV3+QN/+NabsHbX0w8Hhvhpl5USaFsYR8o8ra+sbmVnW7trO7t39QPzzqmDTXjPsslanuRtRwKRT3rbCSdzPNaRJJ/hiNb2b+4xPXRqTqwU4yHiZ0qEQsGLVO8gNCvLBfb5AmmQOvEq8kDSjR7te/eoOU5QlXlklqTOCRzIYF1VYwyae1Xm54RtmYDnngqKIJN2ExP3aKz5wywHGqXSmL5+rviYImxkySyHUm1I7MsjcT//OC3MbXYSFUlluu2GJRnEtsUzz7HA+E5szKiSOUaeFuxWxENWXW5VNzIXjLL6+SzkXTI03v/rLRui3jqMIJnMI5eHAFLbiDNvjAQMAzvMIbUugFvaOPRWsFlTPH8Afo8we53o33</latexit><latexit sha1_base64="CkEjTLRt0d9grMfxgvs8LuvuMrU=">AAAB7HicbVBNSwMxEJ3Ur1q/qh69BIvgqWRF0GNBDx4ruLWwXUo2zbah2eySZIWy9Dd48aCIV3+QN/+NabsHbX0w8Hhvhpl5USaFsYR8o8ra+sbmVnW7trO7t39QPzzqmDTXjPsslanuRtRwKRT3rbCSdzPNaRJJ/hiNb2b+4xPXRqTqwU4yHiZ0qEQsGLVO8gNCvLBfb5AmmQOvEq8kDSjR7te/eoOU5QlXlklqTOCRzIYF1VYwyae1Xm54RtmYDnngqKIJN2ExP3aKz5wywHGqXSmL5+rviYImxkySyHUm1I7MsjcT//OC3MbXYSFUlluu2GJRnEtsUzz7HA+E5szKiSOUaeFuxWxENWXW5VNzIXjLL6+SzkXTI03v/rLRui3jqMIJnMI5eHAFLbiDNvjAQMAzvMIbUugFvaOPRWsFlTPH8Afo8we53o33</latexit><latexit sha1_base64="CkEjTLRt0d9grMfxgvs8LuvuMrU=">AAAB7HicbVBNSwMxEJ3Ur1q/qh69BIvgqWRF0GNBDx4ruLWwXUo2zbah2eySZIWy9Dd48aCIV3+QN/+NabsHbX0w8Hhvhpl5USaFsYR8o8ra+sbmVnW7trO7t39QPzzqmDTXjPsslanuRtRwKRT3rbCSdzPNaRJJ/hiNb2b+4xPXRqTqwU4yHiZ0qEQsGLVO8gNCvLBfb5AmmQOvEq8kDSjR7te/eoOU5QlXlklqTOCRzIYF1VYwyae1Xm54RtmYDnngqKIJN2ExP3aKz5wywHGqXSmL5+rviYImxkySyHUm1I7MsjcT//OC3MbXYSFUlluu2GJRnEtsUzz7HA+E5szKiSOUaeFuxWxENWXW5VNzIXjLL6+SzkXTI03v/rLRui3jqMIJnMI5eHAFLbiDNvjAQMAzvMIbUugFvaOPRWsFlTPH8Afo8we53o33</latexit><latexit sha1_base64="CkEjTLRt0d9grMfxgvs8LuvuMrU=">AAAB7HicbVBNSwMxEJ3Ur1q/qh69BIvgqWRF0GNBDx4ruLWwXUo2zbah2eySZIWy9Dd48aCIV3+QN/+NabsHbX0w8Hhvhpl5USaFsYR8o8ra+sbmVnW7trO7t39QPzzqmDTXjPsslanuRtRwKRT3rbCSdzPNaRJJ/hiNb2b+4xPXRqTqwU4yHiZ0qEQsGLVO8gNCvLBfb5AmmQOvEq8kDSjR7te/eoOU5QlXlklqTOCRzIYF1VYwyae1Xm54RtmYDnngqKIJN2ExP3aKz5wywHGqXSmL5+rviYImxkySyHUm1I7MsjcT//OC3MbXYSFUlluu2GJRnEtsUzz7HA+E5szKiSOUaeFuxWxENWXW5VNzIXjLL6+SzkXTI03v/rLRui3jqMIJnMI5eHAFLbiDNvjAQMAzvMIbUugFvaOPRWsFlTPH8Afo8we53o33</latexit>
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D

m
<latexit sha1_base64="uIbhaxHObW9k+KtpSlNLCo0J2X4=">AAAB6HicbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bj04jEB84BkCbOT3mTMzOwyMyuEkC/w4kERr36SN//GSbIHTSxoKKq66e6KUsGN9f1vb219Y3Nru7BT3N3bPzgsHR03TZJphg2WiES3I2pQcIUNy63AdqqRykhgKxrdzfzWE2rDE/VgxymGkg4Ujzmj1kl12SuV/Yo/B1klQU7KkKPWK311+wnLJCrLBDWmE/ipDSdUW84ETovdzGBK2YgOsOOoohJNOJkfOiXnTumTONGulCVz9ffEhEpjxjJynZLaoVn2ZuJ/Xiez8U044SrNLCq2WBRngtiEzL4mfa6RWTF2hDLN3a2EDammzLpsii6EYPnlVdK8rAR+Jahflau3eRwFOIUzuIAArqEK91CDBjBAeIZXePMevRfv3ftYtK55+cwJ/IH3+QPVjYzx</latexit><latexit sha1_base64="uIbhaxHObW9k+KtpSlNLCo0J2X4=">AAAB6HicbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bj04jEB84BkCbOT3mTMzOwyMyuEkC/w4kERr36SN//GSbIHTSxoKKq66e6KUsGN9f1vb219Y3Nru7BT3N3bPzgsHR03TZJphg2WiES3I2pQcIUNy63AdqqRykhgKxrdzfzWE2rDE/VgxymGkg4Ujzmj1kl12SuV/Yo/B1klQU7KkKPWK311+wnLJCrLBDWmE/ipDSdUW84ETovdzGBK2YgOsOOoohJNOJkfOiXnTumTONGulCVz9ffEhEpjxjJynZLaoVn2ZuJ/Xiez8U044SrNLCq2WBRngtiEzL4mfa6RWTF2hDLN3a2EDammzLpsii6EYPnlVdK8rAR+Jahflau3eRwFOIUzuIAArqEK91CDBjBAeIZXePMevRfv3ftYtK55+cwJ/IH3+QPVjYzx</latexit><latexit sha1_base64="uIbhaxHObW9k+KtpSlNLCo0J2X4=">AAAB6HicbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bj04jEB84BkCbOT3mTMzOwyMyuEkC/w4kERr36SN//GSbIHTSxoKKq66e6KUsGN9f1vb219Y3Nru7BT3N3bPzgsHR03TZJphg2WiES3I2pQcIUNy63AdqqRykhgKxrdzfzWE2rDE/VgxymGkg4Ujzmj1kl12SuV/Yo/B1klQU7KkKPWK311+wnLJCrLBDWmE/ipDSdUW84ETovdzGBK2YgOsOOoohJNOJkfOiXnTumTONGulCVz9ffEhEpjxjJynZLaoVn2ZuJ/Xiez8U044SrNLCq2WBRngtiEzL4mfa6RWTF2hDLN3a2EDammzLpsii6EYPnlVdK8rAR+Jahflau3eRwFOIUzuIAArqEK91CDBjBAeIZXePMevRfv3ftYtK55+cwJ/IH3+QPVjYzx</latexit><latexit sha1_base64="uIbhaxHObW9k+KtpSlNLCo0J2X4=">AAAB6HicbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bj04jEB84BkCbOT3mTMzOwyMyuEkC/w4kERr36SN//GSbIHTSxoKKq66e6KUsGN9f1vb219Y3Nru7BT3N3bPzgsHR03TZJphg2WiES3I2pQcIUNy63AdqqRykhgKxrdzfzWE2rDE/VgxymGkg4Ujzmj1kl12SuV/Yo/B1klQU7KkKPWK311+wnLJCrLBDWmE/ipDSdUW84ETovdzGBK2YgOsOOoohJNOJkfOiXnTumTONGulCVz9ffEhEpjxjJynZLaoVn2ZuJ/Xiez8U044SrNLCq2WBRngtiEzL4mfa6RWTF2hDLN3a2EDammzLpsii6EYPnlVdK8rAR+Jahflau3eRwFOIUzuIAArqEK91CDBjBAeIZXePMevRfv3ftYtK55+cwJ/IH3+QPVjYzx</latexit>
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<latexit sha1_base64="fSpzZRhCAU1vAjyPpBtjV/9jYfw=">AAACBHicbVDLSsNAFJ3UV62vqMtuBovQbkoigi5L3bisYB/QljCZTtqhM0mYuZGWkIUbf8WNC0Xc+hHu/Bunj4W2HrhwOOde7r3HjwXX4DjfVm5jc2t7J79b2Ns/ODyyj09aOkoUZU0aiUh1fKKZ4CFrAgfBOrFiRPqCtf3xzcxvPzCleRTewzRmfUmGIQ84JWAkzy5KL51k5R6wCfhBqrIKLvdk4qX1rOLZJafqzIHXibskJbREw7O/eoOIJpKFQAXRuus6MfRTooBTwbJCL9EsJnRMhqxraEgk0/10/kSGz40ywEGkTIWA5+rviZRIrafSN52SwEivejPxP6+bQHDdT3kYJ8BCulgUJAJDhGeJ4AFXjIKYGkKo4uZWTEdEEQomt4IJwV19eZ20LqquU3XvLku1+jKOPCqiM1RGLrpCNXSLGqiJKHpEz+gVvVlP1ov1bn0sWnPWcuYU/YH1+QNbWJfh</latexit><latexit sha1_base64="fSpzZRhCAU1vAjyPpBtjV/9jYfw=">AAACBHicbVDLSsNAFJ3UV62vqMtuBovQbkoigi5L3bisYB/QljCZTtqhM0mYuZGWkIUbf8WNC0Xc+hHu/Bunj4W2HrhwOOde7r3HjwXX4DjfVm5jc2t7J79b2Ns/ODyyj09aOkoUZU0aiUh1fKKZ4CFrAgfBOrFiRPqCtf3xzcxvPzCleRTewzRmfUmGIQ84JWAkzy5KL51k5R6wCfhBqrIKLvdk4qX1rOLZJafqzIHXibskJbREw7O/eoOIJpKFQAXRuus6MfRTooBTwbJCL9EsJnRMhqxraEgk0/10/kSGz40ywEGkTIWA5+rviZRIrafSN52SwEivejPxP6+bQHDdT3kYJ8BCulgUJAJDhGeJ4AFXjIKYGkKo4uZWTEdEEQomt4IJwV19eZ20LqquU3XvLku1+jKOPCqiM1RGLrpCNXSLGqiJKHpEz+gVvVlP1ov1bn0sWnPWcuYU/YH1+QNbWJfh</latexit><latexit sha1_base64="fSpzZRhCAU1vAjyPpBtjV/9jYfw=">AAACBHicbVDLSsNAFJ3UV62vqMtuBovQbkoigi5L3bisYB/QljCZTtqhM0mYuZGWkIUbf8WNC0Xc+hHu/Bunj4W2HrhwOOde7r3HjwXX4DjfVm5jc2t7J79b2Ns/ODyyj09aOkoUZU0aiUh1fKKZ4CFrAgfBOrFiRPqCtf3xzcxvPzCleRTewzRmfUmGIQ84JWAkzy5KL51k5R6wCfhBqrIKLvdk4qX1rOLZJafqzIHXibskJbREw7O/eoOIJpKFQAXRuus6MfRTooBTwbJCL9EsJnRMhqxraEgk0/10/kSGz40ywEGkTIWA5+rviZRIrafSN52SwEivejPxP6+bQHDdT3kYJ8BCulgUJAJDhGeJ4AFXjIKYGkKo4uZWTEdEEQomt4IJwV19eZ20LqquU3XvLku1+jKOPCqiM1RGLrpCNXSLGqiJKHpEz+gVvVlP1ov1bn0sWnPWcuYU/YH1+QNbWJfh</latexit><latexit sha1_base64="fSpzZRhCAU1vAjyPpBtjV/9jYfw=">AAACBHicbVDLSsNAFJ3UV62vqMtuBovQbkoigi5L3bisYB/QljCZTtqhM0mYuZGWkIUbf8WNC0Xc+hHu/Bunj4W2HrhwOOde7r3HjwXX4DjfVm5jc2t7J79b2Ns/ODyyj09aOkoUZU0aiUh1fKKZ4CFrAgfBOrFiRPqCtf3xzcxvPzCleRTewzRmfUmGIQ84JWAkzy5KL51k5R6wCfhBqrIKLvdk4qX1rOLZJafqzIHXibskJbREw7O/eoOIJpKFQAXRuus6MfRTooBTwbJCL9EsJnRMhqxraEgk0/10/kSGz40ywEGkTIWA5+rviZRIrafSN52SwEivejPxP6+bQHDdT3kYJ8BCulgUJAJDhGeJ4AFXjIKYGkKo4uZWTEdEEQomt4IJwV19eZ20LqquU3XvLku1+jKOPCqiM1RGLrpCNXSLGqiJKHpEz+gVvVlP1ov1bn0sWnPWcuYU/YH1+QNbWJfh</latexit>

+0.01
<latexit sha1_base64="umS4otvM01DsdCU2f5JGsd/wk/U=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh6LXjxWMG2hDWWznbRLN5uwuxFK6G/w4kERr/4gb/4bt20O2vpg2cd7M8zMC1PBtXHdb6e0tr6xuVXeruzs7u0fVA+PWjrJFEOfJSJRnZBqFFyib7gR2EkV0jgU2A7HdzO//YRK80Q+mkmKQUyHkkecUWMl/8Ktu16/WrPfHGSVeAWpQYFmv/rVGyQsi1EaJqjWXc9NTZBTZTgTOK30Mo0pZWM6xK6lksaog3y+7JScWWVAokTZJw2Zq787chprPYlDWxlTM9LL3kz8z+tmJroJci7TzKBki0FRJohJyOxyMuAKmRETSyhT3O5K2IgqyozNp2JD8JZPXiWty7rn1r2Hq1rjtoijDCdwCufgwTU04B6a4AMDDs/wCm+OdF6cd+djUVpyip5j+APn8wcog42W</latexit><latexit sha1_base64="umS4otvM01DsdCU2f5JGsd/wk/U=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh6LXjxWMG2hDWWznbRLN5uwuxFK6G/w4kERr/4gb/4bt20O2vpg2cd7M8zMC1PBtXHdb6e0tr6xuVXeruzs7u0fVA+PWjrJFEOfJSJRnZBqFFyib7gR2EkV0jgU2A7HdzO//YRK80Q+mkmKQUyHkkecUWMl/8Ktu16/WrPfHGSVeAWpQYFmv/rVGyQsi1EaJqjWXc9NTZBTZTgTOK30Mo0pZWM6xK6lksaog3y+7JScWWVAokTZJw2Zq787chprPYlDWxlTM9LL3kz8z+tmJroJci7TzKBki0FRJohJyOxyMuAKmRETSyhT3O5K2IgqyozNp2JD8JZPXiWty7rn1r2Hq1rjtoijDCdwCufgwTU04B6a4AMDDs/wCm+OdF6cd+djUVpyip5j+APn8wcog42W</latexit><latexit sha1_base64="umS4otvM01DsdCU2f5JGsd/wk/U=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh6LXjxWMG2hDWWznbRLN5uwuxFK6G/w4kERr/4gb/4bt20O2vpg2cd7M8zMC1PBtXHdb6e0tr6xuVXeruzs7u0fVA+PWjrJFEOfJSJRnZBqFFyib7gR2EkV0jgU2A7HdzO//YRK80Q+mkmKQUyHkkecUWMl/8Ktu16/WrPfHGSVeAWpQYFmv/rVGyQsi1EaJqjWXc9NTZBTZTgTOK30Mo0pZWM6xK6lksaog3y+7JScWWVAokTZJw2Zq787chprPYlDWxlTM9LL3kz8z+tmJroJci7TzKBki0FRJohJyOxyMuAKmRETSyhT3O5K2IgqyozNp2JD8JZPXiWty7rn1r2Hq1rjtoijDCdwCufgwTU04B6a4AMDDs/wCm+OdF6cd+djUVpyip5j+APn8wcog42W</latexit><latexit sha1_base64="umS4otvM01DsdCU2f5JGsd/wk/U=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh6LXjxWMG2hDWWznbRLN5uwuxFK6G/w4kERr/4gb/4bt20O2vpg2cd7M8zMC1PBtXHdb6e0tr6xuVXeruzs7u0fVA+PWjrJFEOfJSJRnZBqFFyib7gR2EkV0jgU2A7HdzO//YRK80Q+mkmKQUyHkkecUWMl/8Ktu16/WrPfHGSVeAWpQYFmv/rVGyQsi1EaJqjWXc9NTZBTZTgTOK30Mo0pZWM6xK6lksaog3y+7JScWWVAokTZJw2Zq787chprPYlDWxlTM9LL3kz8z+tmJroJci7TzKBki0FRJohJyOxyMuAKmRETSyhT3O5K2IgqyozNp2JD8JZPXiWty7rn1r2Hq1rjtoijDCdwCufgwTU04B6a4AMDDs/wCm+OdF6cd+djUVpyip5j+APn8wcog42W</latexit>

�0.01
<latexit sha1_base64="eJU9J8p3Z8QdTluqpWZ3J2e0ZSI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBiyURQY9FLx4rmLbQhrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX2w7OO9GWbmhang2rjut1NaW9/Y3CpvV3Z29/YPqodHLZ1kiqHPEpGoTkg1Ci7RN9wI7KQKaRwKbIfju5nffkKleSIfzSTFIKZDySPOqLGSf+HWXa9frdlvDrJKvILUoECzX/3qDRKWxSgNE1TrruemJsipMpwJnFZ6mcaUsjEdYtdSSWPUQT5fdkrOrDIgUaLsk4bM1d8dOY21nsShrYypGellbyb+53UzE90EOZdpZlCyxaAoE8QkZHY5GXCFzIiJJZQpbnclbEQVZcbmU7EheMsnr5LWZd1z697DVa1xW8RRhhM4hXPw4BoacA9N8IEBh2d4hTdHOi/Ou/OxKC05Rc8x/IHz+QMrk42Y</latexit><latexit sha1_base64="eJU9J8p3Z8QdTluqpWZ3J2e0ZSI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBiyURQY9FLx4rmLbQhrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX2w7OO9GWbmhang2rjut1NaW9/Y3CpvV3Z29/YPqodHLZ1kiqHPEpGoTkg1Ci7RN9wI7KQKaRwKbIfju5nffkKleSIfzSTFIKZDySPOqLGSf+HWXa9frdlvDrJKvILUoECzX/3qDRKWxSgNE1TrruemJsipMpwJnFZ6mcaUsjEdYtdSSWPUQT5fdkrOrDIgUaLsk4bM1d8dOY21nsShrYypGellbyb+53UzE90EOZdpZlCyxaAoE8QkZHY5GXCFzIiJJZQpbnclbEQVZcbmU7EheMsnr5LWZd1z697DVa1xW8RRhhM4hXPw4BoacA9N8IEBh2d4hTdHOi/Ou/OxKC05Rc8x/IHz+QMrk42Y</latexit><latexit sha1_base64="eJU9J8p3Z8QdTluqpWZ3J2e0ZSI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBiyURQY9FLx4rmLbQhrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX2w7OO9GWbmhang2rjut1NaW9/Y3CpvV3Z29/YPqodHLZ1kiqHPEpGoTkg1Ci7RN9wI7KQKaRwKbIfju5nffkKleSIfzSTFIKZDySPOqLGSf+HWXa9frdlvDrJKvILUoECzX/3qDRKWxSgNE1TrruemJsipMpwJnFZ6mcaUsjEdYtdSSWPUQT5fdkrOrDIgUaLsk4bM1d8dOY21nsShrYypGellbyb+53UzE90EOZdpZlCyxaAoE8QkZHY5GXCFzIiJJZQpbnclbEQVZcbmU7EheMsnr5LWZd1z697DVa1xW8RRhhM4hXPw4BoacA9N8IEBh2d4hTdHOi/Ou/OxKC05Rc8x/IHz+QMrk42Y</latexit><latexit sha1_base64="eJU9J8p3Z8QdTluqpWZ3J2e0ZSI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBbBiyURQY9FLx4rmLbQhrLZTtqlm03Y3Qgl9Dd48aCIV3+QN/+N2zYHbX2w7OO9GWbmhang2rjut1NaW9/Y3CpvV3Z29/YPqodHLZ1kiqHPEpGoTkg1Ci7RN9wI7KQKaRwKbIfju5nffkKleSIfzSTFIKZDySPOqLGSf+HWXa9frdlvDrJKvILUoECzX/3qDRKWxSgNE1TrruemJsipMpwJnFZ6mcaUsjEdYtdSSWPUQT5fdkrOrDIgUaLsk4bM1d8dOY21nsShrYypGellbyb+53UzE90EOZdpZlCyxaAoE8QkZHY5GXCFzIiJJZQpbnclbEQVZcbmU7EheMsnr5LWZd1z697DVa1xW8RRhhM4hXPw4BoacA9N8IEBh2d4hTdHOi/Ou/OxKC05Rc8x/IHz+QMrk42Y</latexit>

� k [010]
<latexit sha1_base64="0hXTSm2PFT0P23rMSe/TBogKRrw=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVTIi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6LvzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgWGQYYU5pxz6yENh362jBpoBLhOvJHVQotV3v4I4Jbmg0hCOtfY9lJlwgpVhhNNpLcg1zTAZ4QH1LZVYUB1OZqdM4alVYpikyj5p4Ez93THBQhfb2kqBzVAveoX4n+fnJrkKJ0xmuaGSzAclOYcmhUUuMGaKEsPHlmCimN0VkqENghibXs2G4C2evEw65w0PNby7i3rzpoyjCo7ACTgDHrgETXALWqANCHgEz+AVvDlPzovz7nzMSytO2XMI/sD5/AGZypop</latexit><latexit sha1_base64="0hXTSm2PFT0P23rMSe/TBogKRrw=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVTIi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6LvzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgWGQYYU5pxz6yENh362jBpoBLhOvJHVQotV3v4I4Jbmg0hCOtfY9lJlwgpVhhNNpLcg1zTAZ4QH1LZVYUB1OZqdM4alVYpikyj5p4Ez93THBQhfb2kqBzVAveoX4n+fnJrkKJ0xmuaGSzAclOYcmhUUuMGaKEsPHlmCimN0VkqENghibXs2G4C2evEw65w0PNby7i3rzpoyjCo7ACTgDHrgETXALWqANCHgEz+AVvDlPzovz7nzMSytO2XMI/sD5/AGZypop</latexit><latexit sha1_base64="0hXTSm2PFT0P23rMSe/TBogKRrw=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVTIi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6LvzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgWGQYYU5pxz6yENh362jBpoBLhOvJHVQotV3v4I4Jbmg0hCOtfY9lJlwgpVhhNNpLcg1zTAZ4QH1LZVYUB1OZqdM4alVYpikyj5p4Ez93THBQhfb2kqBzVAveoX4n+fnJrkKJ0xmuaGSzAclOYcmhUUuMGaKEsPHlmCimN0VkqENghibXs2G4C2evEw65w0PNby7i3rzpoyjCo7ACTgDHrgETXALWqANCHgEz+AVvDlPzovz7nzMSytO2XMI/sD5/AGZypop</latexit><latexit sha1_base64="0hXTSm2PFT0P23rMSe/TBogKRrw=">AAACCnicbVDLSgMxFM3UV62vUZduokVwVTIi6LKgC5cV7ANmhpLJZNrQJDMkGaGUrt34K25cKOLWL3Dn35hpZ6GtB0IO59zLvfdEGWfaIPTtVFZW19Y3qpu1re2d3T13/6Cj01wR2iYpT1UvwppyJmnbMMNpL1MUi4jTbjS6LvzuA1WapfLejDMaCjyQLGEEGyv13eMgSnmsx8J+gWYDgWGQYYU5pxz6yENh362jBpoBLhOvJHVQotV3v4I4Jbmg0hCOtfY9lJlwgpVhhNNpLcg1zTAZ4QH1LZVYUB1OZqdM4alVYpikyj5p4Ez93THBQhfb2kqBzVAveoX4n+fnJrkKJ0xmuaGSzAclOYcmhUUuMGaKEsPHlmCimN0VkqENghibXs2G4C2evEw65w0PNby7i3rzpoyjCo7ACTgDHrgETXALWqANCHgEz+AVvDlPzovz7nzMSytO2XMI/sD5/AGZypop</latexit>
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Figure 9: Crystal Hall conductivity in the chiral crystal of CoNb3S6 antiferromagnet.
(A) Calculated magnetization isosurfaces in the CoNb3S6 antiferromagnet exhibit low symmetry and
illustrate the global chiral symmetry breaking. (B) The crystal of the CoNb3S6 antiferromagnet (”L”,
with a left-handed chirality) and its mirror m image (”R”, with a right-handed chirality). Note that the
mirror m maps the two chiralities onto each other by redistributing the non-magnetic S atoms, while
preserving the magnetic atom positions and orientations of the colllinear antiferromagnetic moments.
(C) The calculated crystal Hall conductivity (left axis) changes sign when the crystal chirality is
reversed from left- to right-handed. The right axis corresponds to the calculated dependence of the
electron filling on energy. (D) Band structure detail of antiferromagnetic CoNb3S6 without (black
line) and with (red line) spin-orbit coupling. We show fraction of the LHA path in Brillouin zone.

σ based on the existence of these only 4 MLGs. (i) In MLG 1 the orientation of σ is arbitrary and
depends on microscopic details of the electronic structure. (ii) In systems with 2′ rotational axis the
Hall vector is perpendicular to the axis and the orientation within this plane is set microscopically.
(iii) The 2 fold rotational axis constrains the Hall vector to be parallel to this axis (see Fig. 5A and
9B) and the orientation of the Hall vector is determined uniquely by the symmetry. All the remaining
possibilities can be derived from these three cases (for instance in 2′2′2 the Hall vector is perpendicular
to both 2′ and parallel to 2).

We point out that as many as ∼ 10% of the total of ∼ 700 magnetic structures reported in the
Bilbao MagnData database [38] belong to the class of collinear antiferromagnets in which the CHE
is allowed by symmetry. We point out that our CHE mechanism will materialize in these candidates
possibly also in its optical or thermal variants. In Tab. 1 we list some additional material candidate
examples such as orthoferrites, perovskites, or corundum structure materials.

The CHE might also contribute to Hall signals which were earlier taken as a signature of nontrivial
and topological magnetization textures. This applies, e.g., to the measured spontaneous Hall signal
in a Ce-doped canted antiferromagnet CaMnO3 (MPG 2′/m′) [29]. Apart from the AHE contribution
due to the net magnetic moment, our symmetry analysis shows that the CHE associated with the
Néel vector, rather than the canting moment (cf. Figs. 8A, C) is allowed in this material due to the
oxygen non-centrosymmetric positions. The spikes arising in the Hall signal by applying a magnetic
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field can be alternatively explained as a convolution of two spontaneous Hall signals from material
regions with the opposite Hall sign [39]. These two regions might correspond to the two crystallites
with the opposite sign of the CHE. Furthermore, methods for growing single-crystal-chirality systems
can be used to enhance the Hall signal.

Finally, we remark that existing mechanisms of the quantum spontaneous Hall effect rely either
on rare ferromagnetic insulators or on fragile diluted magnetic topological insulators with low crit-
ical temperatures and small magnetic band-gaps [40]. Our crystal spontaneous symmetry breaking
represents a long-sought mechanism marrying strong Hall response with a robust room-temperature
intrinsic collinear antiferromagnetism.

MLG
Centrosymmetric Non-centrosymmetric

Material Tensor
MPG σ MPG σ

1 1 arb. 1 arb. Fe2O3

 σxx σxy σxz
σyx σyy σyz
σxz σzy σzz


2 2/m

‖ aC2
⊥M

2 ‖ aC2
m ⊥M BiCrO3

 σxx 0 σxz
0 σyy 0
σxz 0 σzz


2′ 2′/m′

⊥ aT C2
∈ TM

2′ ⊥ aT C2
m′ ∈ TM CaMnO3 [29]

 σxx σxy σxz
−σxy σyy σyz
−σxz −σyz σzz


2′2′2 m′m′m

‖ aC2
⊥Mz

2′2′2 m′m′2 ‖ aC2
m′m2′ ⊥My

RuO2 [33]
CoNb3S6 [27]

 σxx σxy 0
−σxy σyy 0

0 0 σzz


Table 1: Catalogue of Hall-vector admissible magnetic point groups in collinear antiferromagnets and
selected material candidates. First two rows list Type-I and last two rows Type-III magnetic point
groups (MPGs), respectively. We list more material candidates and all magnetic symmetries allowing
any Hall signal in SM Tab. S2. If not referenced otherwise, the material candidate was obtained from
the MagnData database [38]. MLG marks the magnetic Laue group.

3.5 Experimental observation of the crystal Hall effect in RuO2

To experimentally verify the crystal Hall effect, we used in this work [11] high-quality epitaxial thin
films of RuO2 on MgO single-crystal substrates. The Hall measurements conducted up to 50 T that
was applied along the out-of-plane direction of thin film samples in a pulsed high magnetic field setup
demonstrated a clear anomalous Hall effect at all temperatures ranging from 10 to 300 K. The Hall
data are shown in Figs. 10A,B and exhibit an anomalous signal, i.e., the departure from ordinary Hall
effect linear in magnetic field. This signal is consistent with the crystal Hall mechanism. Considering
the saturation crystal Hall resistivity ρCHE and the transverse resistivity ρ (Fig. 10C) of the RuO2

film at different temperatures, the magnitude of the anomalous Hall conductivity estimated from
|σCHE| ≈ ρCHE/ρ

2 is plotted as a function of temperature in Fig. 10D. Due to the highly metallic
nature of the RuO2 film, |σCHE| is rather large at low temperatures. It reaches 331 S/cm, which is
over three times that of non-collinear antiferromagnet Mn3Sn and even on the same order with the
anomalous Hall conductivity of Fe thin films. Above 50 K, |σCHE| is greatly lowered by increasing
temperature and decreases to ∼ 3.2 S/cm at room temperature.

Compared with RuO2 films grown on MgO, RuO2 films deposited onto SrTiO3 single-crystal
substrates in the same optimized conditions are highly ordered as well but (100)-oriented (Fig. 10E).
Intriguingly, the Hall effect along the RuO2[100] direction is predominantly linear up to 50 T for all
the temperatures between 10 and 300 K (Fig. 10F). The fitted carrier density n is 3.28×1023 cm−3 at
300 K and decreases to 1.36× 1023 cm−3 at 10 K through a slighter carrier freeze-out effect compared
with the (110)-oriented RuO2/MgO heterostructure.
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Figure 10: Hall effect along the out-of-plane direction of RuO2 thin films. (A)-(B), Hall effect up to 50
T measured for the (110)-oriented RuO2/MgO heterostructure at 10, 80, 150 and 300 K, respectively.
(C) Resistivity versus temperature for the RuO2/MgO heterostructure. (D) The magnitude of anoma-
lous Hall conductivity as a function of temperature for the RuO2/MgO heterostructure. (E) X-ray
diffraction spectrum of a RuO2/SrTiO3 heterostructure, indicating a highly ordered (100) orientation
of the RuO2 film. (F) Hall effect of the (100)-oriented RuO2/SrTiO3 heterostructure up to 50 T at
different temperatures ranging from 10 to 300 K.
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